APXH 1H> >EAIAAY — ENANAAHOTIKESY " HMEPHZION

cch. 1 amo 124.
EMANAAHNOTIKEZ MNANEAAAAIKEZ EZETAZEIZ

" TA=ZHZ HMEPHZIOY FENIKOY AYKEIOY

NMAPAZKEYH 20 IOYNIOY 2014 - EEETAZOMENO MAGHMA:

MAOHMATIKA KAI ZTOIXEIA ZTATIZTIKHZ T'ENIKHZ MAIAEIAZ

2YNOAO ZEAIAQN: MENTE (5)

OEMA A
A1.  Ta dvo otroladhToTe evdexdueva A, B evdg deiyparikou xwpou Q, va amrodeifete
oTI
P(AUB) = P(A)+P(B)—P(AﬂB)
Movddeg 7
A2. Eotw pia ouvaptnon f pe medio opiopos A . Moéte Aépe 61 n ouvaptnon f
TTapouciGdel TOTTIKG péyioTo oTo X, € A
Movddeg 4
A3. Tirovopadetar (arOAUTN) cuxvoTNTa V; TNG TIUNAG X, YIag HETABANTAG X;
Movddeg 4
A4, Na xapakrnpioere 11 TpPOTACEIC TTOU aKOoAouBouv, ypdeovrag oTo TETPAdIO 0ac,

OiTTAa OTO YypaQuua TTOU aVvTIOTOIXEI O KGBe TTPOTAON, Th Aé€n ZWOTO, av n mporaon
givar owartn, n AaBog, av n mpdoraon givar Aavlaouévn.

Q)

Y)

2€ MIa KAVOVIKN 1 TIEPITTOU KavovikA Katavourp 10 99,7% Trepittou Twv
TTapaTNPNOEWV BPIioKETAI 0TO OIACTNUA (X—ZS, X+ 23), OTToU X n héon TIUA
KOl S N TUTTIKA OTTOKAION TWV TTAPATNPNOEWV. (Movadeg 2)

2¢ opadoTtroinuéva dedouéva 10 €uPadOv Tou Xwpiou TTou opileTal amd TO
TTOAUYWVO OUXVOTATWYV KAl TOV 0pIOVTIO AZova gival TTAVTOTE i00 PE Eva.

(Movadeg 2)

‘Eotw pia ouvdptnon f mapaywyion oto onueio Xo- O ouvreheoTAg

d1eUBUVONG TNG EPATITOPEVNS TNG YPAPIKACS TTapdaTtaong Tng f oto onueio Tng

(XO, f(XO)) gival f'(XO) (uOVAdES 2)
To evdexouevo A —B mpayparorroisital, étav mpayuatotoisital 7o A aAAd
oxi 1o B (HovAdeg 2)
O oT1aBuiopévog apiBunTikGG PECOG 11 OTOBUIKOG PEOOG €ival éva HETPO
d100TTOPAG. (Movadeg 2)

Movdadeg 10
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APXH 2H> >EAIAAY — ENANAAHOTIKESY " HMEPHZION

OEMA B

6. 2 amo 124.

H BabuoAoyia e€ivra pabntwv evog Aukeiou oe éva diaywvioua Mabnuatikwv BpiokeTal

o1o diaotnua [10, 20) kai €xel opadoTroinBei oe TEvTe KAAOEIG ioou TTAATOUG. 'vwpifoupe,

etTiong, Ot £€1 paBNTEG £xouv TTAPEl BABUO PIKPOTEPO ATTO 12, DEKAOKTW HABNTEG UIKPOTEPO

atmmd 14, €€ padnTéc peyaAuTepo 1 ico Tou 18 Kal OEKAOKTW HaBNTEG HEYAAUTEPO 1) i00 TOU

16.

B1. Na petagépere oto TETPAdIO 0AC TOV TTAPOKATW TTiVOKO OCUXVOTATWY KATAAANAQ

OUNTTANPWHEVO, BIKAIOAOYWVTAG TIG ATTAVTHOEIS OAG.

KEVTp'IKég TuyvéTnTa ZXETIKF'I A9p0|’on|(r'] A%‘;;f;:,lm

KAdoeig Tipég vi Zuxv?mm Zuyxvotnta TuxvéTnTa
Xi fi% N; Fi%

[10,-)
[-.7)
[-.7)
[-.7)
[-,20)

Movadeg 12

B2. Na Bpeite T péon Baduoloyia X Twv padnTwyv Kal TN didueco & Twv BabuoAoyiwv

TOUG.

Movadeg 8

B3. 210 5% Twv padntwv pe TNV KOAUTEPN €£TTidOON TTPOKEITAl va O0B¢ei €mmaivog. ATTo

TToI0V BaBud Kal TTavw TTPETTEN va €XEl ypAwel KATTOI0G naBnTig yia va TTapel £TTAIVO;

(@ewpoupe 611 o1 TTapaTnPACEIS KABE KAGONG €ival OUOIOPOP@PA KATAVEUNUEVEG).

TEAOX 2H> AIIO 5 ZEAIAEX

Movadeg 5
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APXH 3HX YEAIAAY — ETMMTANAAHIMTIKEZ " HMEPHZIQN
och. 3 amo 124.

OEMAT
‘Eotw Q= {—1, 0,1 2 } 0 BEIYHATIKOG XWPOG VOGS TTEIPAUATOS TUXNG. O MBavATNTEG TWV

ammAWV evdexopévwy Tou Q divovtal atrd TN oxéon

P(k) = , keQ, pea>0

Oewpoupe Ta evdexopeva A, B tou Q pe
A={ KeQ / K2>1}

B={ KeQ / (K2—1)(K2—4)=0}

5
M. Na amodeigete 611 A =ﬂ Kal va Bpeite TIC MOAVOTNTES TWV ATTAWY EVOEXONEVWV
Tou Q.
Movadeg 8
Mr2. Na amodei€ete 6Tl P(A)=1_1‘I , P(B)=% Kal va Bpeite TIC MOAVOTNTEC TWV

EVOEXOMEVWV:

[ : «va mpayuarotroigital To B kai éx1 to A »

A: «va pnv payparotolgital o A 1 va unv mpayparotolgital o B ».

Movadeg 10
M3. Oewpolue Tn cuvdpTtnon
1 K 9
fx)==x*+=x*+=x-1, xeR, keQ
3 2 4
Kal TO EVOEXOUEVO
E= { KeQ / nouvapmon f va eival yvnoiwg avéouca }
Na g€etdoete av 1o evdexouevo E sivar BEBaio.
Movdadeg 7
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APXH 4HX YEAIAAY — ETMMTANAAHMTIKEZ " HMEPHZIQN
och. 4 amo 124.

©OEMA A
Aivetanl euBUypapuo Tunua AB pe puAkog 100 m. Oswpoupe H o
eowTeEPIKO onueio I Tou AB T1€TOI0, WOTE TO WPAKOG TOU
TMAMaTOG Al va gival X m. 7 A
-
A1. Karaokeudloupue 1a TeTpaywva AIFAZ kal FTBOH, émmwg A.<—x Mo .B
Qaivetal oTo dITTAQVO oXNHA. Eé 100 m ,E

i) Na amodeigete 6T TO GBpoicpa Twv euRaAdWY Twv OUO TETPAYWVWY, WG
ouvapTnon Tou X, givail
E(x) = 2x* — 200x + 10000, x e (0, 100)

(Movadeg 3)
ii) Na Bpeite yia Toia Tipn Tou X 10 uBaddv E(X) yiverar edyioTo.

(Movadeg 5)
Movadeg 8

2Tn ouvéxela, yia X= 50, xwpifoupe T0 €UBUYpaupo TuAPa Al oe VvV dladoyIKa
gublypapya TpApaTa £, i=1, 2, ..., v ye avriotoixa pikn X, i=1, 2, ..., v.

Av n péon TigA Twv pnkwv X;, i=1,2, ..., v gival X = 2 kai n TUTIKr Toug amékAion gival
s =0,2 tér1¢:
A2. Na d¢eigete 611 V =25

A3.

Movddeg 5
Na Bpeite TN gEON TIPA TWV EPRABWY TWV TETPAYWVWYV TTOU KATAOKEUALovVTAl PE
TAEUpEG Ta SladoxIka TUApaTa £, pe avtiotoixa prikn X;, émou i =1, 2, ..., 25

2\

1 =
Aivetar 611 82 = — 4 E t2 - M=1 2 3
vV | \"

Movddeg 6
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APXH 5HX YEAIAAY — EMMTANAAHIMTIKEZ " HMEPHZIQN
6ch. 5 amo 124.

EmAéyoupe Tuxaia éva amd Ta diadoxikd euBUypappa TuApata £, i=1,2, ..., 25

Na Bpeite TNV TOAVOTNTA TOU EVOEXONEVOU

N\= { £,i1=1,2,..,25 1é1010, WOTE O BeiKTNG i v €ival TTOMATTAGTI0 Tou 3
TToAAaTTAdOI0 TOU 4 }

Movdadeg 6

OAHTIIEX (yia Touc e€eTalopévouc)

270 €EWQ@UAAO TOU TETPADBIOU VO YPAWETE TO €E€TACOUEVO HAONUA. ZTO ECWPUAAO
MAVW-TTAVW VA CUUTTANPWOETE Ta ATOMIKA OTOIXEia padnTA. ZTNV apxn Twv
ATMAVTACEWYV 0a¢ va YypAweTe TTAVW-TTAVW TNV nUEPOUNVia Kal 10 €&eTalOPEVO
MaOnua. Na pnv avtiypdywete Ta OEPata OTO TETPADIO KAl VA HMN YPAWETE
TTouBeva OTIC ATTAVTACEIG 0a¢ TO Ovoud 0aG.

Na ypAWETE TO OVOPATETTWVUMO OOG OTO TTAVW MEPOG TWV QWTOAVTIYPAPWYV
AQuEéowS POAIG oag TTapadobouv. Tuxdv onuEIWOEIG 0ag TTAVW OTAa Bépata dev
0a BaBuoAoynbolv oe Kapia TrepiTTwon. Kard tnv amoxwpnon oag va
TapadwaoeTe Yali ue To TETPADIO KAl TA YWTOAVTIYPAPA.

Na ataviioeTe oTo TETPAdI6 oag oc OAa Ta BEpara pOvo pe PTTAE 1 HOvo e
MaUpo OTUAG pe peAdvi TTou dev ofrivel. MoAuUBI emiTpémreTal, pévo av 1o ¢nTdel n
EKQWVNON, KAl HOVO YIa TTIVAKEG, OIAYPAUUATA KATT.

K&Be amrdvinon €mMIOTAPOVIKA TEKUNPIWHPEVN €ival aTTOOEKTH.

Alapkela e€€Ttaong: TPEIG (3) WPEG PETA TN IAVOUT TWV WTOAVTIYPAPWV.

Qpa duvatng amoxwpnong: 18.00

2AZ EYXOMAZTE KAAH ENITYXIA

TEAOZ MHNYMATOZ
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APXH 1HY YEAIAAY - T" HMEPHXIQN

6eh. 6 amo 124.

NMANEAAAAIKEZ EZETAZEIZ
I TAZHZ HMEPHZIOY FENIKOY AYKEIOY
KAI ENMAA (OMAAA BY)
MAPAZKEYH 30 MAIOY 2014 - EEETAZOMENO MAGHMA:
MAOHMATIKA KAI ZTOIXEIA ZTATIZTIKHZ FENIKHZ MAIAEIAZ
2YNOAO ZEAIAQN: MNMENTE (5)

OEMA A

A1. Av n ouvdaptnon f civar mapaywyioiun oto R kai C otaBepdg mpaypatikdg
ap1BPoG, va atrodeiteTe Ye TN XPON TOU OPICPOU TNG TTapAywYyou OTI

(c f(x))' =c f'(x), yiakdbexeR

Movdadeg 7
A2. MNote pia ouvdptnon f Aéyetal yvnoiwg @Bivouoa oe éva didotnua A Tou Tediou
oplouou TNG;
Movdadeg 4
A3. MoTe pia ToooTIkA METABANTA AéyeTal IAKPITH KAl TTOTE OUVEXNG;
Movdadeg 4
A4, Na xapaktnpioere TIC TTPOTACEIS TTOU aKoAouBouv, ypdpovrag oTo TETPAadIo oag,

OiTAa oT1o ypauua mou avrtioToixei o€ KABe mporaon, 1n Aéén Zworo, av n
mporaon civar cwaortn, 1 Aa@og, av n mporaon givar Aavlaouévn.

a) Av via Tt ouvaptnon f 1oxoel f'(X0)=O, YIGXOG(G,B), Kal N

mapaywyog g f’ Siatnpei mpdonuo ekatépwbev Tou X,, T01E N f givan

yvnoiwg povétovn oT0 (G,B) Kal dev TTapouciddel akpoTaTo oTo diIdoTnUa

auTo.
(Movadeg 2)

B) Ta dUo omroiadnTroTe evdexdueva A, B evéc deiypatikol xwpou Q 10XUEL:
P(A—B) = P(B)—P(AﬂB)
(povadeg 2)
Y) 2€ pia KAVvOVIKA 1} TTEPITTOU KAvOVIKI Katavoury 10 95% Ttrepittou Twv

TTapATNPACEWVY BpiokovTal oTo dIACTNUA (Y—S, Y+S), o6mou X n péon

TIUM KAl S n TUTTIKA AQTTOKAION TWV TTAPATNPHOEWV.
(Movadeg 2)
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5)

OEMA B

APXH 2HY YEAIAAY - T" HMEPHXIQN

6eh. 7 amo 124.

Av X, eival TIUQ HIaG TTOCOTIKNG METABANTNAG X, 16Te n aBpoIoTIKN
ouxvotnTa Ni ekppacel 1o TARBOC TWV TTAPATNPACEWV TIOU Eival
MEYOAUTEPEG TNG TIUNG X,

(Movadeg 2)

To KUKAIKO Oiaypapua e€ival €vag KUKAIKOG OioKOG XWPIOPEVOG O€
KUKAIKOUG TOMEiG, Ta eufadd r, 1coduvaua, Ta 1O TwWV OTToiwv Eival

avaAoya TTPOG TIG AVTIOTOIXEG OUXVOTNTEG V, 1 TIG OXETIKEG OUXVOTNTEG fi
TWV TIHWV X; TNG WETABANTAG.
(Movadeg 2)

Movdadeg 10

270 TTOPAKATW OXAMO QaiveTal TO ICTOYPOAPUA OUXVOTATWY, TO OTTOIO TTAPIOTAVEI TIG
TTWAAOEIGC 0€ XIAIAOEG €upw TIOU £ylvav aTTO TOUG TTWANTEG MIOG ETAIPEIAG KATA TN
dlapkela evog €ToUG.

14 +——————
>

3 12

<

<

3 10

E

g & 1+

&

s 6 1T —1 S -
o

2 4 6 8 10

TTWANCEIG € XINASEG EUpW

B1. Na Bpeite TO TARBOGC TWV TTWANTWYV TNG ETAIPEIQG.

Movdadeg 5

B2. Na peta@épete o010 TETPAdIO 0OAG TOV TAPAKATW TTivaKA OUXVOTATWY TNG
KATAVOUNG TWV TTWARCEWV KATAAANAQ CUPTTANPpwUEVO, dIKaloAoywvTag T OTAAN

e TiIg oxeTikég ouxvornteg f, =12, 3, 4
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APXH 3HY YEAIAAY - T" HMEPHXIQN

cch. 8 amo 124.

. KSVTp,IKeg 2uxvoTnTa ZXET'KH
KAdoeig TIMEG v ouxvotnta
X. i f

Movdadeg 8

B3. «a) Na uttoloyioete TN yéon TIPA TWV TTWAACEWYV TOU £TOUG.
(Movadeg 6)

B) Na Bpeite T0 TAABOG TwVv TTWANTWYV TTOU €Kavav TTWANOEIG TouAaxioTov 4,5
XINAdwv  eupw (Bewpolue OTI o1 TTapatnpnoelg KaBe KAAdong eival
OMOIOUOPYPA KATAVEUNMEVEG).

(Movadeg 6)

Movddeg 12
OEMAT

‘Eva doxeio mepiéxel kOkkiveg (K), domrpeg (A) kail mpaaoiveg (M) pmdaAeg. EmAEyoupue
Tuxaia pia pmraAa. H mBavétnTa va TpokUuwel KOKKIVN PTTAAa gival P(K)=X1, EVW N

mBavoTnTa va TpokUyel dompn pmdAa givar P(A) = X,, 6mou X, X, €ival ol Béoeig
TWV TOTTIKWYV OKPOTATWYV TNG ouvaptnong

f(x)=4x3—%x2+x—1, xeR pe X, <X,

M. Na Bpeite 1ig¢ mBavornteg P(K), P(A) kai P(I), émou P(I1) n meavérnta va
TTPpoKUWelI TTPACIvn PTTAAQL.
Movdadeg 10

r2. Av P(K)=% Kal P(A)=%, va Bpeite TIC mMOAVOTATEC TWV TTAPAKATW

EVOEXOMEVWV:
I «n UTTAAQ TTOU ETTIAEYETAI TUXAiO va gival KOKKIvVN | doTTpn»
A: «n MTTAGAQ TTOU €TTIAEYETAI TUXAia va gival oUTE KOKKIVN OUTE
aocTrpn»
E: «n MTTAGAQ TTOU €TTIAEYETAI TUXAia va gival &oTTpn f va pnv

gival Tpaoivn».
Movdadeg 9
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APXH 4HY YEAIAAY - " HMEPHXIQN

6eh. 9 amo 124.

3. Av ol aoTrpeg UTTAAEG gival KATa TEOOEPIG (4) AMIyOTEPEG ATTO TIG TTPACIVEG PTTAAEG,
va Bpeite moéoeg PTTAAEG €XEl TO doxEio.

Movdadeg 6

OEMA A

Oecwpoupe €va KouTi oxAMaTOG opBoywviou TTapaAAnAemiTédou e Baon opBoywvio Kal
OVOIKTO aTTo TTAvVW.

To Uyog Tou KouTioU eival 5 dm.

H pBdon Tou kouTioU €£xel oTaBEpPN
mepiyetpo 20 dm kai pia TAgeupd TNG
givar x dm pe 0<x<10

5dm

xdm

A1. Na amodeigete 611 N oUVOAIKN €TTIQAVEIA TOU KOUTIOU WG ouvdapTnon Tou Xeival
E(x)=-x*+10x+100, xe(0, 10)

Kal va BPEiTe yia TTo1a TIPF TOU X TO KOUTI €XEI JEYIOTN ETTIQAVEIQ.

Movdadeg 8

TN ouvéxela, BewpoUlpe Ta onueia Ai(xi, yi), otou Y, = E(Xi), i=1 2,..,15
HE D =X, <X, <...< Xy, <X;5=9

A2. Av 10 Odtiypa Twv TeTUnpévwy X, i=1 2,...,15 Twv mopamdvw onpeiwv
Ai(xi’yi)
e d¢gv gival OYoIoyEVES
e ¢xel péon Ty X = 8 kai
e TUTTIKI ATTOKAION S TETOIA, WOTE

2s?-55+2=0

TOTE:
a) va atrodeifeTe 611 S =2
(Movadeg 4)
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A3.

ook

APXH SHY YEAIAAY - T" HMEPHXIQN

och. 10 amo 124.
B) va Bpeite TN yéon TIPA Twv xi2 ,pei=1 2,...,15
\Y 2\
%)
1 |+ -
Aivetar 611: 8% = —4 th — =1 J

\ \"

-

i=1

(Movadeg 4)

Movdadeg 8

EmAéyoupe Tuxaia éva amd Ta TAPATTAVW Onueia Ai(xi, yi), i=1 2,...,15
Na Bpeite TNV mMOaAvOTNTA TOU EVOEXOPEVOU:

B={A/(x,y,) i=1 2..,15 €100, GOTE Y, >— 4x, +9R+1},

6mou R eival To eUpog Twv Y, = E(Xi), i=1 2,..,15
Movdadeg 9

OAHTIEZ (via Touc g€sTalopévouc)

2710 €EWQPUAAO TOU TETPADIOU VA YPAWETE TO £EETACOUEVO HAOBNUA. ZTO ECWPUAAO
MAVW-TTAVW VA CUUTTANPWOETE Ta ATOMIKA OTOIXEia padnth. LTV apxn Twv
ATTOAVTACEWV OOG VA YPAWETE TTAVW-TTAVW TNV NUEPOUNVIA Kal 10 £EETAlOPEVO
MéOnua. Na pnv avriypdywete Ta OEpata OTo TETPADIO KAl va MN YPAWETE
TTouBevA OTIG ATTAVTACEIG 0aG TO OVOud 0aG.

Na ypAWeTE TO OVOMATETTWVUMO O0OGC OTO TTAVW MEPOG TWV QWTOAVTIYPAPWY
AMEoWG POAIG oag TTapadobouv. Tuxdv onHEIWOEIG 0AG TTAVW OTA Bépata dev
0a BadBuoAoynbolv oe kKapia TrepimTwon. Katd tnv amoxwpnon oag va
TapadwaoeTe Yadi ye To TETPADIO KAl TA YWTOAVTIYPAPA.

Na atmmaviioeTe oTo TETPAdI6 oag oc OAa Ta BEparta pOvo pe UTTAE 1 HOvo e
MaUPO OTUAG pe peAdvi TTou Oev ofrivel. MoAuUBI emiTpétreTal, gévo av 10 ¢nTdel n
EKQWVNON, KAl HOVO yIa TTIVAKEG, O1aypAuUaTA KATT.

KaBe atrdvinon €mOTAPOVIKA TEKUNPIWUEVN €ival ATTOOEKTH).

Aldpkela g€taong: TPeIG (3) WPEG PETA TN SIAVOUN TWV GWTOAVTIYPAPWV.

Xpoévog duvatng ammoxwpnong: 10.30 ..

2ZAZ EYXOMAZTE KAAH ENITYXIA

TEAOZ MHNYMATOZ

TEAOX SH> AIIO 5 ZEAIAEX www.dinamiko.edu.gr




APXH 1HY YEAIAAY - ENANAAHIITIKEEY T HMEPHZIQN

och. 11 amo 124.

EMNANAAHMNTIKEZ NANEAAAAIKEZ EZETAZEIZ
" TAZHZ HMEPHZIOY N'ENIKOY AYKEIOY
AEYTEPA 10 IOYNIOY 2013 - EEETAZOMENO MAOGHMA:

MAOGHMATIKA KAI ZTOIXEIA ZTATIZTIKHZ 'ENIKHZ MAIAEIAZ

2YNOAO ZEAIAQN: TEZZEPIZ (4)

OEMA A
A1l. Na atodeigete 0TI yia dU0 CUPTTANPWUATIKG gevdexopeva A kal A’ 1oxUEl:
P(A")=1-P(A)

Movadeg 7
A2. Na opioete T0 HéETpo dlaoTTOPAC €UPOG I KUPAvVON.

Movadeg 4
A3. T1 ovopddleTtal mapdywyog piag ocuvdaptnong f oto onueio X, Tou Tediou

opIoPOU TNG;

Movadeg 4

A4. Na xapaktnpioere TIS TPOTATEIS TTOU akoAouBouv, ypdagovrac oTo TeTpddio oag, OiTAa

OTO ypAuua T1ToU avTioToixei o€ KGBe mporaon, 1n Aéén Zworo, av n mporaon Eivai
owaTtn, n AdaBog, av n mporaon givar Aavlaouévn.

a)

B)

Y)

0)

lim (ouvx) = ouvx,
(novadeg 2)
(cf(x)) =c f'(x)

(Movadeg 2)

2€ Mia TTOOOTIKA METABANTA avTi  Tou paBdoypduuartog
XPNOIYOTTOIEITAl TO SIAYPAMHA CUXVOTATWYV.

(uovadeg 2)
‘Eva degiypya TIgWwV piag PETABANTAG X xapakTnpileTdl OPOIOYEVEG,

OTav 0 ouvTEAEOTNG METAPBOAAG gemepvda To 10%

(novadeg 2)
AUo evdexdpeva A kal B evog deiypatikou xwpou Q Aéyovrtal

aoupBipBacTa, 6tTav A N B # @

(novadeg 2)
Movdadeg 10
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APXH 2HY SEAIAAY - EITANAAHIITIKEY T HMEPHX>IQN
och. 12 amo6 124.

OEMA B

Aivetai n ouvdptnon f(x) =2e*(2x-3), xeR

Oewpoupe etiong OUO evdexopeva A kal B evog delypgatikol xwpou Q e

P(A) = x1 kar P(B)=- flx,)

6ve

otrou n f Tapouci1ddel EAAXIOTO OTO X4

B1. Na peAetioete Tn cuvdptnon f wg Tpog Tn yovoTovia Kal Ta akpoTaTa.

Movadeg 6
B2. Na amodeigete 611 P(A) = % kai P(B) = %

Movadeg 6
B3. Na amodeitete 0TI Ta evdexdueva A kal B dev gival acupBifacTa

Movadeg 5
Kal

] . 1 R 2

B4. Na amodeifete OTI 5 < P(A'-B') < 3

Movadeg 8

OEMA T

E¢etdloupe éva Odceiypya peyéBoug v wg TPOG Mia TTooOoTIKA METABANTA X Kal
OMAdOTIOIOUHE TIG TTAPATNPACEIG TOU OEiYUATOG O€ S 1I00TTAATEIGC KAAOEIG TTAATOUG
C, OTTWG QAiVETAI OTOV TTAPAKATW TTivaKa:

KevTpikég
KAdozeig TINEG fi% Fi Fi%
[a, ) - A
) 3\ + 10
[-. )
[, ) KAZ — 2A + 10
[, ") kA?2 — 3A + 30

Aivetar 611 o1 aBpoloTIKEG OXETIKEG ouxvoTnTeg Fz kalr Fs eivalr o1 pifeg Tng

eCiowong:

5x> —8x + 3k =0, 6TTou X eR Kkal K € R
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APXH 3H>Y SEAIAAY - EITANAAHIITIKEY T HMEPH>IQN
cch. 13 amo 124.

M. Na amodei¢ete 0TIk =1 kKar A =10

Movadeg 8
Nr2. Na amodeigete 011 1% =10, f,% = 30, f3% = 20, f4% = 30 ka1 f5% = 10

Movadeg 5

MN3. Av 10 25% Twv TTapatnpAoewyv gival PIKPOTEPEG TOU 16 Kal TO 25% Twv
TapaTnPACEwyY €ival peyaAuTepeg N iceg Tou 24, T0TE va atrodeifeTe
oTta=10kaic =4

(Movadeg 4)
2TN OUVEXEID VA MPETAQPEPETE OTO TETPAdIO O0AG TOV TTAPATIAVW Trivaka
KATAAANAQ cupTTAnpwuévo.

(novadeg 4)

Movadeg 8

4. Av 10 TARBOG TwWV TTAPATNPNOEWV TTOU €ival PYEYOAAUTEPEG A i0oeg Tou 22
eival 800, 161e va uttoAoyioeTe To péyebog ToU deiypaTog.

Movadeg 4
OEMA A
Aivetal n cuvdaptnon f(x) = > +1, X € R KaI 0 OEIYMATIKOG XWPOG
X
Q={w, w, w,w,}, omou w,=-1, w,=0 Kol 1<wW,<w,

, 0mmou i=1,2

AivovTal, €miong, ol mMBavoTNTEG P(w i) =flw;) - %

R

Kal P(w;) =_%X|L1 o

A1. Ocewpoupue Ta evdexoueva A, B kai I Tou delyyaTikou xwpou Q ue
A= {weQ / f’(w)go}, B={weQ / fw)>1)

Kal

F={weQ/x2+wx > — YIGKdGSXER}

1
4
a) Na Bpeite Tig MBavoétnTeg P(w ), P(w,), P(w;) kai P(w,)

(uovadeg 8)
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APXH 4H>Y SEAIAAY - EITANAAHIITIKEY T HMEPH>IQN
cch. 14 amo6 124.

B) Na Bpeite 1i¢c miBavotntes P(A), P(B), P(IN) kai P(A-B)
(novadeg 8)
Movdadeg 16
Na Bpeite Tnv €gicwon TNG eQaTITOPNEVNG (€) TNG YPAPIKAG TTAPACTAONG TNG
f, n omoia oxnuatilel pe Tov dfova x'x ywvia 45°

Movadeg 4

Av M¢(wg, Yk), kK=1,2,3,4 cival onueia Tng epattopévng (€): y = x + 1 pe

26, =%, kar Ry =95

Y« Y
TOTE VA UTTOAOYIOCETE TA W3 KAl W4 TOU OEIYUATIKOU Xwpou Q, é1Tou

6wK: N OIGUECOG TWV TETUNHUEVWY TWV OonPeiwv M,

0 N OIGUECOG TWV TETAYMEVWY TWV ONUeEiwv My kKal

Ve

R TO €EUPOG TWV TETAYHEVWY TWV onNueEiwv M

Vi |

Movadeg 5

OAHTIIEY (yia Touc e€eTalouévouc)

270 eEWQUAAO TOU TeETpadiou va ypdwete TO e&eTalOPEVO paABNUa. XT10
EOWQUAAO TTAVW-TTAVW VA CUPTIANPWOETE TA ATOUIKA OTOIXEIQ padnTrh. 21NV
apXA TWV ATTAVIACEWY 0aC VA YPAWETE TTAVW-TTAVW TNV NUEPOUNVIA KAl TO
eCetalbuevo padbnua. Na pnv aviiyplQweTe Ta BEPaTa OoTO TETPADIO KAl VO
MNV YyPpAWEeTE TTOUBEVA OTIG ATTAVTIOEIG OOG TO OVOUA 0QG.

Na ypAWeTe TO OVOMATETTWVUNO 000G OTO TTAVW MEPOG TWV QWTOAVTIVPAPWYV
auéOowG MOAIG cag TTapadoBouv. Tuxdév onuelwoelg oag MAvw oTa Bépata dev
8a BaBuoAoynbouv oe kapia Tepimtwon. Katd tnv amoxwpnonl oag va
TAapadWoeTe Padi e TOo TETPADIO KAI TA GWTOAVTiypa@a.

Na atmavtioeTe 010 TETPAdIO oag o€ OAa Ta B€uata pévo pe PtTAe p pévo
ME HAUPO OTUAO pe peAAvI TTou dev ofBrivel. MoAUBI emiTpétmeTal, HOVO av TO
¢ntdael n ekpwvnon, kalt MONO yia mivakeg, dlaypAupaTa KATT.

K&Be atmdvinon emoOTNPOVIKA TEKINPIWPEVN €ival ATTOOEKTN.

Aldpkela e€€Taong: TpeEIG (3) WPEG META TN SIAVONN TWV QWTOAVTIYPAPWYV.
Xpbévog duvaTtng ammoxwpnong: 18:15

KAAH ENITYXIA

TEAOZ MHNYMATOZ
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APXH 1HY YEAIAAY - T" HMEPHXIQN

och. 15 amo 124.

NMANEAAAAIKEZ EZETAZEIZ
" TAZHZ HMEPHZIOY N'ENIKOY AYKEIOY
KAI EMNAA (OMAAA BY)
AEYTEPA 20 MAIOY 2013 - EEETAZOMENO MAGHMA:
MAOHMATIKA KAI ZTOIXEIA ZTATIZTIKHZ FENIKHZ MNMAIAEIAZ
ZYNOAO ZEAIAQN: MNMENTE (5)

OEMA A

A1l.

A2.

A3.

A4.

Na atmodeiete 0TI n TaApdywyog TNG TAUTOTIKAG aguvdapTtnong f(X)=x eivail
f'(x)=1, yia kaBe xeR
Movadeg 7

‘EoTw pia ouvdptnon f pe medio opiopol A. Mote Aépe 611 n cuvapTnon

f Tmapouoidder Tomiké eAAXIOTO OTO X, € A;
Movadeg 4
Na dwoeTte ToV OopIOPO TNG dlapéoou (O) evdg deiyuaTog v TApATNPACEWV.
Movadeg 4

Na xapaktnpioere 1IC TPOTAOEIS TTOU akoAouBouyv, ypdgovrag oTo TeTpadio oag, ditTAa
OTO ypauua T1ToU QvTioToIxeEl o€ KGBe mmporaon, tn Aéén Zworo, av n mporacn &ivai
owarn, n Ada@og, av n mpdoraon givar Aavlaouévn.

a) Ta Tt ouvaptnon f(x) :1, X # 0 1ox0el om f'(x) :iz (Movadeg 2)
X X

B) Tia 10 yivopevo dUo TTapaywyiolgwy cuvaptAcewyv T, g 1oxlel 611

(FO) 90x)) =F'(x) g(x)+f(x) g'(X)
(Movadeg 2)

Y) To paBddéypauua XpnOIYJOTIOIEITAI yIa Tn ypa@IKh TTapdotacn Twv

TIMWV PIAG TTOOOTIKAG METABANTAG. (Movadeg 2)

8) H didpeocog civar éva pétpo Béong, 10 oToio emnpedleTal amd TIg
aKpaieg TapaTnPAOEIG. (Movadeg 2)

€) Tia dUo evdexdueva A kot B evdg deiypatikol xwpou Q pye AcCB,
ioxuer 611 P(A) > P(B) (uovadeg 2)

Movadeg 10
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APXH 2HY YEAIAAY - T" HMEPHXIQN

och. 16 amo 124.
©OEMA B

AiveTal o OeIyPATIKOG XWPOG Q:{o)1,w2,c03,m4} Kal Ta evOeEXOMEVQ
A={o,0,} «ar B={0,0,}

Mo T1g MBavOTNTEG TV ATAWY evdexopévwy {o,} kar { o} Tou Q 10xUEr OTI:

1. Ix2+x+1-1
° P((,O)Z——llm
! 2x>-1 X +x?

e H P(w,) eival ion pe 10 pubpd petaBoing tng f(x) wg mpog x, 6Tav x=1,
oTTOoU

f(x)zglnx, x>0

B1. Na atmodeiete oI P((o1):% KOl P(oa3)=%
Movadeg 10
s 7 1 2 3 7 12 7
B2. Na amodeifeTe OTI §SP(A)SZ’ 6mou A’ T0 CUUTTANPWHATIKG Tou A.

Movadeg 7

B3. Av P(A’):%, T6TE va Bpeite TIg MBavotnteg P(w,), P(w,), P[(A-B)u(B-A)]
kai P(A'-B’), émmou B’ 10 cupmAnpwuaTtiké Tou B.

Movadeg 8

OEMA T

Oewpolpe éva deiypa v TApaTNPACEWY PIag ouveXoUg TTOOOTIKAG METABANTAG X,
TIG OTTOoieC opadoTToloUpe 0¢ 4 100TTAATEIGC KAAOEIG.

AiveTtal OTI:
e n MIKPOTEPN TTapathpnon €ival 50
e N KEVTPIKA TIMA TNG TETApTNG KAAong eival X, =85

e N OXETIKN ouxvoTnTta TNG TETAPTNG KAAoNG €ival OITTAAOIAQ TNG OXETIKNAG
ouxvoTnTag TNG TPiTNG KAAOoNg

n OIGUECOC TWV TTAPATNPACEWY Tou deiypdaTtog gival 6=75

Kdl

n Méon TIYA TWV TTAPATNPAOEWYV TOU deiydaTog gival X =74

TEAOX 2H> AIIO 5 ZEAIAEX www.dinamiko.edu.gr




APXH 3HY YEAIAAY - T" HMEPHXIQN

och. 17 amo 124.

M. Na amodeiete 611 TOo TAGTOG €ival ¢ =10
Movadeg 4
Nr2. Na petapépere o010 TETPAdIO OAG TOV TTAPAKATW TIiVAKA CUPTTANPWHEVO
owaoTa
KevTpikég 2XETIKN
KAdoeig Tiuég 2uxvoTnta
X, f
[, )
[, )
[, )
[, )
2UVoAo
Movadeg 8
r3. Aivetaiom £,=01,1,=03 ,f,=0,2 kau f, =0,4
Na atrodeitete OTI n péon TIYA Twv TApATNPAOEWYV, TOU E€ival
. , 200
MIKpOTEPEG TOU 80, cival Y
Movadeg 7
F4. EmAéyoupe K TapATNPAOCEIG TOU APXIKOU OEiydaATOG PE K<V, Ol OTIOIEG
aKOoAouBoUV KAavoVIKI KATAOVOUR HE
e 10 2,5% Twv TTAPATNPACEWY QUTWYV Va gival TOUAAGXIoToVv 74
e 70 16% Twv TAPATNPAOEWY AUTWYV VA €ival TO TTOAU 68
Na Bpeite TN pé€on TIPA KAl TNV TUTTIKA ATTOKAION TWV TTAPATNPNCEWY AUTWYV
KaOWG Kal va €EeTACETE av TO O&iyya Twv TTAPATNPACEWYV QUTWV Eival
OMOIOYEVEG.
Movdadeg 6
OEMA A

O@ewpolpue Tn ouvdaptnon f(x)=xInx+kK, x>0, 6Tmou K aképalog pe K>1 kal Tnv
epatmTopévn (€) TNG ypa@IkAG TTapdotaong Tng f OoTO onuEio (1,f(1)), n otroia
oxnuarticel ye Toug Agoveg, Tpiywvo eufadou E, pe E<2

A1.

Na atodeifete 0TI K =2

Movadeg 5
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A2.

A3.

A4.

APXH 4HY YEAIAAY - " HMEPHXIQN

och. 18 amo 124.

Eotw X, X,, ..., X OI TeETUNUEVEG 50 onueiwv Tng (g) Twv oOToiWV Ol

OVTIOTOIXEG TETAYMEVEG TOUG €XOUV PéEON TIPA §=31
a) Na amodeifete 611 X =30 (Movadeg 2)
B) MNa TiIg TETUNMEVEG TWV TTAPATTAVW ONUEIWV BeEwpoUpe OTI :

KaBe pia ammd TIg TETUNUEVEG X, Xy, ..., X,p AUEAVETAI KATA 3, OI ETTOPEVEG
15 TeTpunuéveg Tapapévouv oTabepéc kKal KABe pia amod TIG UTTOAOITTEG
ehaTTwveTal Katd AeR pe A>0.

Na Bpeite TO A, WOTE N vEa PEON TIMA TWV TETPNUEVWY va gival ion pe 31
(novadeg 4)

Movadeg 6

Av 1<0(<[3<\(<e ue a®-BP-y' =e’, 161e va Bpeite 10 €Upoc R Kal TN
e
Méon TiIuN Twyv TIHwWV f(a),f(B), f(y),f(e), f’(l), otrou f(x)=xInx+2
e

Movadeg 7
@ewpoUue TOV OEIYMATIKO XWPO

Q:{tn, n=123,..,30: 0<t, <t, <...<t, <1<t11 <...<ty :1}
e

ME 100TTiBava ammAd evdexOueva, KaBWG Kal Ta evoexopeva

A={teQ: n epamTopévn TNG YPAPIKAG TTapdoTtaong Tng f oto onueio
(t.f(t)), va oxnpariger ue Tov agova x'x ofeia ywvia },

B:{teQ: f(t)>f’(t)+1},

omrou f(t)=tint+2

Na BpeBouv ol TIBavOTNTEG:

a) va paydatotroindei o evoexouevo A (uovadeg 3)

B) va TpayuaTtotroin@ouv ocuyXpovweg Ta evdexopeva A kal B (povdadeg 4)
Movadeg 7
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o O h

APXH 5SHY YEAIAAY - TP HMEPHX>IQN
OAHTIEZ (yia Touc e€sTalopévouc)

cch. 19 amo 124.

2170 eLWQUAAO Tou TeTpadiou va ypdywete 1O eeTaldpevo padNUa. Z10
ECWQUAAO TTAVW-TTAVW VA CUPTIANPWOETE TA ATOUIKA OTOIXEIQ yadnTrh. 21NV
apYnN TWV ATMAVTIAOEWY 0a¢ va yYpAWeTe TTAVW-TTAVW TNV nUEPOMNVIA Kal TO
e¢eTalOpevo pabnua. Na pnv avriypdwete 1a Béuata oT0 TETPADIO KAl VA
MNnV ypdweTe TTOUBEVA OTIC ATTAVTACOEIG 0OG TO OVOUd COQG.

Na ypAWETE TO OVOMATETTWVUPO O0AG OTO TTAVW MEPOG TWV QWTOAVTIYPAPWYV
auéowg PMOAIG oag TTapadoBouyv. TuxOv oNnNUEIWOEIC 00¢ TTAVW OTa BépaTta dev
8a BaBuoAoynBouv og kapia mepimTwon. Katd Ttnv amoxwpnorn oag va
TapadwoeTe Yali e 1o TETPADIO KAl TA QWTOAVTiypa@a.

Na atraviiioeTe oT0 TETPAdIO 0ag Ot OAd Ta BEparta pMOVO Pe PTTAE 1) pOvo
ME HAUPO OTUAO pe peAAvVI TTou dev ofrivel. MoAUBI emiTpémmeTal, yévo av 10
{ntdel n ekpwvnon, kal MONO yia TTivakeg, diaypauuaTa KAT..

K&Be amrdvinon €mMICTNUOVIKA TEKUNPIWPEVN €ival ATTOOEKTH.

Aldpkela e¢€Taong: TpeIG (3) WPEG PETA TN OIAVOUN TWV QWTOAVTIYPAPWYV.
Xpévog duvatng ammoxwpnong: 10.30 ..

KAAH ENITYXIA

TEAOZ MHNYMATOZ
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APXH 1HS SEAIAAS - T HMEPHXIQN

och. 20 amo 124.

EITANAAHIITIKEX IIANEAAHNIEYX EEETAXEIX

I'" TAEHX HMEPHXIOY I'ENIKOY AYKEIOY
TPITH 12 IOYNIOY 2012
EEETAZOMENO MAOHMA: MAOHMATIKA KAI
LXTOIXEIA XTATIXTIKHX TENIKHYX ITATAEIAX
LYNOAO XEAIAQN: IIENTE (5)

OEMA A

Al. Eotw f(x)=c, xe€R =ar ¢ o0t100ep6c mOaAYUATLROC
apBudc. Na amodeiEete dtL (¢)'=0
Movaodeg 7

A2. Av ty, ty .., t, €ival oL TOEATNENOELS ULag UETOPANTHC X €VOg

delynatog ueyédove v, téte va oploete TN U€on TWH X TV
TOQATNONOEMV.
Movadec 4

A3. Eoto f uita ovvdptnomn ue medio opronov A. I1éte Aéue
otL m ovvaptnomn f mapovoildler Tomnd WEYLOTO OTO
Xo€EA;

Movadec 4

Ad. No yapoxtnoloeTe TIC TOOTACELS TOV Ox0AOVOOVY, YOdQOVTAS
070 TETOAOLO 00C¢ SImAQ OTO YOAUUO, TOV AVTLOTOLXEL O xAO€
TooTAoN TN AéEn Xwato, av n mpotaon ivar owotn, 1 AdOog,
av 1 mootTaon eivol Aavlaougvn.

a) Av f; elvar n oyemny ovyvotnta TS TWNS X; WULOG
ueTaPANTC X, TOTE LOYVEL: O<fi<1

B) Av x; elvar 1 Ty wog moooTivig UeTafAntig X, TO0TeE 1
aBpolotirn oyxeTivny ovyvotnta F; exgpodlel To T0o0oTd TV
TOQOTNONOEMV TOV EIVOL UEYAAVTEQES TNC TIUNG X;

v) Av ta evdeydueva A, B, T evoc derypativov ywoov 2 eival
avd dvo aovupipaota, TéTE LOYVEL:

P(A UBUT)=P(A)+P(B)+P(T)
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APXH 2HS SEAIAAS - T HMEPHXIQN

o€l 21 and 124.
0) (ovvx)=nux, xeR

€) Av A, B elval evoeyoueva eviog OeLyuatinoy yweov Q, tote
TO eVOEYOUEVO AUB TOOYULOLTOTTOLE(TAL, otav
TOOAYUATOTOLEITOL £VOL TOVAAYLOTOV amo Ta A, B.

Movadeg 10

OEMA B

Ov nuépeg adelog TWV VROAAGALV  pLog  €TOLQElOC
ouadomoLloUvtal o€ TEVTE ®AAOELS (00U TAATOVS, CVUQPOVO UE
TOV MWOQOAXATW Tivaxo:

Ap1Oudg
NUEQOV X Vi f; N; F;
(adetacg)

[6,...) 16

[...,26)

YVvoAo ; _7

Av Loyver OTL:

® 0TO XVXALXO OLAYQUUUD CUYVOTNTOWV TOV NUEQWDV adelac
TOo TOE0 0; TOV %VXRALXOU TOouéd, TO OMOLO CVTLOTOLYE(L
OTNV TEATN ®AGON, elvar 72°, no

o 3f,=3fs=f3=f,, tdte:

Bl. Noa uetagépete o0TOo TETPAOLO OO0C TOV TOAQATAV®
TIVORO ROl VO TOV OVUTTANQOWOETE HATAAAN L.
Movdaodec 8
B2. Na oyedidoete 010 1100016 coc¢ (0L o wihipwete€) 1O
LOTOYQOUUO XOL TO TOAUVYWVO CUYVOTNTMV.
Movdaodec 4
B3. Na foeite tov uéoo aplbud muepwv adeiac rot TNy
TUTLXY ATO%ALON TOV OElyUOTOC.

(Alvetar: /25,6 =5,006)
Movdaodec 8
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APXH 3HS SEAIAAS - T HMEPHXYXIQN

6eh. 22 amo 124.

B4. Na foelte 10 T0000TO TOV VIAAAGA®WY mov THoav AdeLa,
amd 12 uéyor 25 nuépec.
Movdaodeg S

OEMA T
‘Eotow Q={w;, ®; w3 s, ®Ws} 0 OELYULATIROC YWOEOC E€VOG
melpduatos toyne ol A={w;, ,, s}, B={ws, w4, ws} OV0

gevOeySuevo Tov Q, U P(A)=%. Av givalr P(w)=a, P(w,)=p,
ue 26a’-100-2apf+p*+1=0, P(m3)=y ®at n ovvdotnon
g(x)= P(w,) x°, xeR, 161e:

I'l. Na amodeiete dtL a:B:% nOLL y:%

Movdaodeg 9

I'2. Na Poeite 10 P(wy), av n spomtoufvn Tnc YOOPLRAC

rToapaoTaonNS TN g, OTO  ONuUeElo L g@®), eival

TaQAdAANAN mEOC TNV gvbela y=X, %ol OTN OVVEYELD VO
Boeite T0 P(ws)

Movadeg 6

I'3. Av eival P(w4)=%, P(ws)zé, 1dte  vo  Poeite TNV
miBavotnta Twv evoeyouévomv K, A, dmov:

K: «éva uovo amd ta A »alr B va mpayuatomoreitaoL»

A «VO TOAYUOTOTOLE(TAL TO A 1 VO UMV TOAYULOATOTOLE(TOL
10 B».
Movaodec 10

OEMA A

Amo €va @UALO AapuoaQivag oYMUaToS TETQAYWN VOV TAEVEAC 6
LWETOWV ROTAOXEVATETAL Lo OeEauevn oxnuatoc opboymwviov
TAQOAAANAETLTEOOV, AVOLRTY ATO TAVW. ATS TIC YOVIES TOV
@UAAOV Aauoapivag xoéPovrtal T€ooepa (oo TETEAYWVO
TAevpdc X pétomv, 0<x<3 xaL 0T OVVEYELD OL TAEVQEC TNC
OLTADVOVTOL TEOC TA EMAV®W, OMWS PAIVETAUL OTO TAQAXRATW

oYNUa.
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Al.

A2.

A3.

A4.

APXH 4H3 SEAIAAS - T HMEPHXIQN

X (o€ pétpa)

Na amodeiEete 6TL 0 OYy®0OC TNS OEEAUEVHC WS CVUVAQTNON
TOV X €lval
f(x)=4x(3-x)?%, 0<x<3

(Alvetar O6tL 0 Oyroc opBoywviov mapaAiniemimédov
dtaotdoswv a, B, vy elvar V=afy).

Movadodec 4
Na Poeite yioo wolo Tiwn tTov X M OeSauevny €xeL WEYLOTO
dy»ro.

Movdaodec 6

Na Boeite To 6pto lim f(x+2)-8
x—0 X
Movaodec 4
OswpoVue TG TIWEC yi=f(x,), i=1,2,3,4,5 WE

1=X1<X,<X3<X4<Xs5=2, oL omoiec €yovv uféom Twuf y=12,
TR AmO®ALOTN Sy=2 noL ovvteleoth uetafoing CVy.
Noa Boeite 1o €Vvpoc R towv Tnwv y;, 1=1,2,3,4,5. Z1n
ovvéyelo va Peeite tov aplBud aeR pe -12<a<0 o
omotog, av mpootebel oe nobBeutd oamd TS TLMES Y;,
mooxvmtel delyuwa ue ovvreAeotn uetafoing CV tétolov,
WOTE

R

CV=2CVy+—
12

Movdaodec 6
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APXH 5HS SEAIAAS - T HMEPHXYXIQN

6ch. 24 amo 124.

AS. 'Eotw A,B 0U0 evdeyoueva €voc deLynatirov yooov Q ue
toomiBava amAd evoeyxoueva. Av eivalr A+, B+J nat
AcCB, va amodeiEete 0TL LOYVEL:

P(A) <(3—P(B)j2
P(B) | 3-P(A)

Movdodeg 5

OAHTIIEY (yio tovg eEetalonévovg)

1. 2t0 1e1pddl0 va yodyete UOVo TA TOOXAUTAQUTLXG
(nuepounvia, eEetalduevo  uddnua). No unv
avILYodYeTe Ta BEnata 0Tto TETPADLO.

2. No YyoAYeTE TO OVOUUTETWVUVUO O0C OTO WAVW UEQOC TWV
PWTOAVILYOApwY auéomwc uohic ooac mapadobBoUv. Aev
EMLTOERETAL VO YOAWETE ®auld AAAN onueiwon. Katd tnv
ATOYDENON O0C VO TAQAOWOETE UALL HE TO TETPAOLO %L
TO POTOAVTIYQUQA.

. No amaviioete 010 T€TPAOL0 005 0 OAa Tta Bénata.

. No YOAYPEeTE TIC ATAVINOELS OOC HOVO UWE WITAE | HOVO WUE
Lo OTUVAO. MmToQeiTe VO YONOLUWOTOLNOETE WOAVPL udvo
vioe 0x€SLa, OLOYQAUUOTO KOl TTIVAREC.

. No un YonoLmwomToLoeTE YA Tl WLALUETQE.

. Kafbe amdvinon texunotouévn eival amrodexnty.

. Avdorera eE€taonc: toelc (3) doec netd ™ dravoun Twv
POTOAVILYQAQMV.

8. Xpdévog dvvatic amoywonong: 18.30.

w

SN

N S\ D

KAAH EIIITYXIA

TEAOX MHNYMATOX
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APXH 1HY SEAIAAY - T HMEPHSIQN
IIANEAAHNIEX EEETAXEIX I" TAZEHX
HMEPHZXIOY 'ENIKOY AYKEIOY KAI EITAA (OMAAA B)
TETAPTH 23 MAIOY 2012
EZEETAZOMENO MAGHMA:
MAOHMATIKA KAI XTOIXEIA TATIZTIKHX
TENIKHZX ITAIAEIAX
LYNOAO TEAIAQN: IENTE (5)

6. 25 amo 124.

OEMA A
Al. Av ouv ovvaptioelg f, g etvar mapaywyiowwes oto R, va
amodeiEete dTL (F(X)+9(X)) =f(x)+g'(x), xeR
Movadeg 7

A2. Ze éva melpaua ue roomtbBava amoteAéopata vo OWOETE
TOV ®AOOL®O 00LOUO TNG mLOavOTNTAC EVAC EVOEYOUEVOV
A

Movadec 4
A3. Tloc opiCletar 0 ovvTELEOTNS LETAPOANS | CVVTELEOTNC
weTAfANTOTNTOC ULag ueETAPANTiC X, av x>0 nal wohe, av
x <0;

Movadec 4

Ad. No yapoaxtnoioeTe TIC TOOTACELS TOV Ox0AOVOOVY, YodQOVTAS
070 TETOAOLO0 00g, SImAQ OTO YoAuUUQ TOV AVTLOTOLYEl O xAO€
mootaon, 1 AEEn Xwoto, av n mootaon  eivol owoth, 1
AdBog, av n mpootaon eivol Aavlaougv.

a) To nvrAirno dLAYQUUUD XONOLUWOTOLELTAL WOVO YLO TT
YOOLPLKRY TOQAOCTOON TOOCOTLLMYV dedouévmv
(novadec 2).
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APXH 2H> YEAIAASY - T HMEPHXYION o 26 o 124,
B) H mapdywyoc tng f oto x, exgppdler to pouluod
wetaPoing tov y=f(x) wg mEog X, OTAV X=X,
(novadec 2).

v) Av AB evoeydueva €vOoc OELYUOTLXROU YWEOU Q UE
AcB, 1dte 1oyVeL 6TL P(A)>P(B) (novadec 2).

0) To €¥poc, n dLaxVuavon ®aoL N TUVTLRY ATORALON TOV
TIMOV  ULog UeTaPAntic elvar wé€tpa OLaomoQdcg
(novadec 2).

g) lim nux=nux,, Xo€R (novadeg 2).

X=X
0

Movaodeg 10

O®OEMA B

O1 xpo6vol (og Aemtd) mov yoetdotTnrayv ot nadntéc utag Ta&ng
yioo vo AVvoovv €va pnoafnuatird meofAnuc avVAXOVV OTO
draotnua [5,45) nat €xovv opadomoinOel o téocoeplg ®hGoELg
toov mAdtove. Ta Oedouéva Twv yodvmv egupaviCovialr o0To
TAQUXATM LOTOYQOUUO OBQOLOTIXMOV OYXETLX®OV OUVYVOTHTWYV
ML TOLS EXATO.

B1.

Fi%

F:% 1~—""~"""""""""""""7"7"

50% 4 - -

Fi% 1

0 5 15 25 35 45

Me fdaon to mapamdvew otéoypauuo abpoLoTir®yV
OYETLXMDV CVYVOTNTWV €T TOLS EXATO, VO VITOAOY(OETE TN
OLAUECO TV XOOVMWYV TOV XOELAOTNXRAV Ol LoOnTéc.

Movaodec 4
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APXH 3H>Y EAIAAY - T" HMEPHZXIQN
ogh. 27 ano 124.

B2. 2tov enduevo mivarna CUYVOTNTOV TNC RATAVOUNS TV
voovmy, vo amodeiEete dtL a=8 (novadec 3) nar va
UWETAPEQETE TOV Tivard RATAAAMAA CVUTANQWUEVO OTO
1e100dL6 coc (Movadec 5).

()igi:g; Xi Vi fi% Ni Fi%
[5, ) o+4
[, ) 3a-6
[, ) 200+ 8
[, 45) -2
2VVOAO
Movdaodec 8

B3. Na BoeBel n uéon tiu X oL 1 tTominy axériion s tTov
YOOVWYV oV YoeLdotTnrayv oL padntéc.

(Atlvetor 6tu: /84 29,17)

Movdaodec 8

B4. Noa PpeBel 10 m0o0o00Td TV NOONTOV TOV YOELAOTNRAYV
tovhaytotov 37 Aemtd vo AVoovvV TO uHaOnuatiro

ToOfANUC.
Movdaodeg 5

OEMAT

And tovc nobntéc urag TAENC evog oyoAelov emiAEyovue
Tuyata €vav nadntn. Av v guolroc apluoc ue v=3, 10TE M
miBavéTnTa Tov evoeyouévov o naBnTic va nabaivet

o [TaAAMnG lvaL

2

vo+1
. . v+ 2
o [omavixa givar —;
vo+1
p p y ) v+1
® %0l TG O0V0 TOQUTAV®D YADOOES ECVaL — .
Vo
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APXH 4HY SEAIAAY - " HMEPHXIQON

o€l 28 amo 124.
e uta TovAdyLotov aTO TLC TOQATAVW YAMDOOES €ival (oM

2 —_—
ue to 6poto  lim 2('X2+3 2)
x>-1  X°+X

I'l. Noa amodeiEete 611 TO €VvOEYOUEVO O noBNTHC va pabaivet
wia TovAdyLotov amd TIC mapamdvw OV0 YANOOES elval
BEParo.

Movaodeg 7

I'2. No amodeiEete 611 v=3
Movdaodec 6

I'3. Na Bpeite tTnv mBavotnTa ToV €VOEYOUEVOUV O UaBNTNC
va paBaiver uévo nia amxd tTig 0Vo YADOOEC.

Movdaodec 6

I'd. Av o aplBudc tov pabntwv mov nabatvovy xat tTig dVo
nTapamdvw yAoooec etval 32, va Poelte Tov aplBud tmv

wantov tne TdEnc.
Movdaodec 6

OEMA A

1+In%x
Aivetal  ovvaotnon F(X) =T x>0

Al. Na amodeiEete 6t n f eival yvnoime @bivovoa.
Movdadeg 5

A2. ‘Eotw M (x,f(x)), x>0 onueio NS yoOo@Lxic mapdotaong
e f. H mapdAAnin evBela and to M mpog tov dEova
yy Ttéuver tov muidEova Ox oto onueto K(x,00 ®oat 1
T AANAN evBela amd To M mpog Tov AEova x'x TEuvel
10V nuLGdEova Oy oto onueio A(0,f(x)). Av O eivar n apyq
TV a&ovmoyv, vao oamodeiEete OtL TtOo eufaddv TOV
opBoywviov TAQAAANAO YOO UUOV OKMA vivetal
eLAYLOTO, OTAV AVTO YIVEL TETQAYWVO.

Movadeg 7
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A3.

APXH 5SH> YEAIAASY - T HMEPHXYION
‘Eotw n evBela e:y=ax+B, =10, N omoila €ival ma@AAANAN
TOOC TNV EQPATTOUEVN TNC YOOPLXNG mapdotaong tng f
oto onueio Z(Lf) Oswpovue Oéxa onuela (Xx;,Y)),
i=1,2,..,10 tnc evBelac &, T€TOLO VOTE OL TETUNUEVES TOVC

ogh. 29 ano 124.

X; va €xovv uéom tun X=10 xoL TUTLRY ATORALOY S, =2.
Na poeite vyia moieg Twméc 10V B 1O delyua TOV
TETAYUEVOV Y;TOV 0€na onuelmv elval ouoloyevéc.

Movdaodec 8

Ad. Av A nou B elvar evoeyoueva evog OELYUATLXOU YDQOV UE

Nt

S

toomiBava amhd  evdeyxdueva, TETOLOL DOTE A=J
ROULANB=J, 101€ vo amodeiEete OTL

f(P(A))+f(P(ANB))> 2f(P(AUB))
Movadeg 5
OAHTIEX (yia tovg eEetalonévovg)

210 1eETPAOL0 v YOAPETE HOVO TA TEOXROATAQXRTIXRG (quepounvia,
ge€etalduevo udObnua). No punv _aviiyedyete ta Ofpata 01O
TETEAOLO.

No vyodwyete TO OVOUATEM®OVUUO 0OOC OTO0 TNAVL UEQOSC TWV
POWTOAVTLYQAQP®YV aAUéomc uWOALg oag mTapadoBoUv. AEV eXITOERETAL

va yodwyete rould dAAn onuetmwon. Katd tnv amoywdonon ocag va
naoadwoete Wolli ue To TeTEAOLO %Ol TA PWTOAVIIiyQQ Q.
No amravtnoete 010 TETEAOL6 005 o A0 ta Oéuata.
No yoAaWeTe TIC AMAVINOELS OOC WOVO UE UWTAE | HOVO UE Wavpo
OTVAG. Mmopeite va YONOLWOTOLHOETE WOAVPL uévo yia oyxéoia,
drayoduuoto xoL TIVARES.
No un XOoMOLWOTOLNOETE YOO TI WLALUETQE.
KafBe amdvinon texunoltwuévn efival amodexty.
Arvdorera eEétaong teelg (3) dpec uetd TN dravoun TV
POTOAVILYQAQPWV.
Xpovoc dvvatic amoywonong: 10.30 m.u.
KAAH EIIITYXIA
TEAOX MHNYMATOX
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APXH 1HS SEAIAAS - T HMEPHXIQN

EITANAAHIITIKEX ITANEAAHNIEYX EEETAXEIX
I'" TAZEHX HMEPHXIOY I'ENIKOY AYKEIOY
YABBATO 4 IOYNIOY 2011
EEETAZOMENO MAOHMA: MAOHMATIKA KAI
YXTOIXEIA XTATIXTIKHX I'ENIKHYX ITATAEIAX
LXYNOAO XEATAQN: IIENTE (5)

OEMA A

Al.

A2.

A3.

A4.

o 0vo evoeyoueva A zat B evog derynatinov ywpov
vao awoOelEeTE OTL:
P(AUB)=P(A)+P(B)-P(ANB)

Movadeg 7

‘Eotw €vac derynatixog ympoc QL={w; ) . . . , O, UE
nenepaouévo mAn0oc otoyetmwv. No OLATVTWOETE TOV
aSLOUaTI®O 0pLoUo TS mbavdTnTaC.

Movadec 4

[I6te Aéue OtL nia ocvvéaptnon f elvalr mapaywylowun oe
Eva onuelo Xy tov mediov opLouov TnNg A;

Movadec 4
No yopaxtnoloeTe TIC TEOTATELS TOV 0x0AOVHOVY, YodQOoVTAS
OTO TETOAOLO O0C OITAQ OTO YOAUUO TTOV AVTLOTOLXEL O xAO€
mootTaon ) AéEn Xwoto, av n mpotaon eivalr owotn, 7 AdOog,
av 1 TEOTaOoN EIVaL AaVOQouEv.

@) Av x>0, 1618 (VX)'= =

Jx
B) Av ura ovvdoptnon f elivar Trapaywyiown oe €va didotnua
A nau oyvel £'(x)>0 yia #40e ecwTeQXO onuelo tov A, téTE
n f elval yvnolwg avEovoa oto A.

v) H aBpoiwotiny ovyvotnta N; uiog roatavouns exgpdlel 1o
TAN00C TV TAQATNENOEWY TOV EIVAL WKQEOTEQES 1 (0EC TNG
TWNAC X;.

TEAOX 1H> AIIO 5 ZEAIAEX www.dinamiko.edu.gr
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APXH 2HS SEAIAAS - T HMEPHXIQN

och. 31 amo 124.

0) Ztnv xavovirny ratavoun T0 95% mepimov TWYV
nagatneioemv Bolonetal 0To dudoTNUO, (x —s, x + s),
Omov x M UEOTN TLUWN ROL S 1 TUTLKRY ATOXRALON.

¢) H dudueooc (8) evic delyuatoc v mooatnoOsmy, Ol OTOlEg
gxovv Owataybel oe avEovoa oelpd, oplletal TAVIA WS 1
ueoaio maooTHonom.

Movaodec 10

®OEMA B

YrnoOétovne 6TL oL Begpponpaciec (o€ °C) o€ pio mepLoym
®otd TN OLdpxrela evog 24dpov mpooeyyilovialr amd TLg
Twéc e ovvdotnone 0(t)=t—4+t+a, dmov aeR xot te(0,24]
0 Y0O0VOC 0 WEEC.

B1l. No amodetete 611 v te(0,4] n Bepuoxrpaoion HELOVETAL ROL
via te(4,24] n Bepuoxrpaocia avEavetat.
Movaodeg 7
B2. Na vmoloyioegte TNV TLUNW TOV O, AV YVwEIlete OTL 1
eldyrotn Oepuonpaocia TS TEQLOYNS €VTOC TOoV 2400V
elvar -1°C.
Movadeg 6
B3. Twa a=3 va Poeite T WEegc mov n Bepuoxpaoia TNg
meQLoyMs eivar 0°C.
Movadeg 5

O
B4. No vmoloyioete to lim
t—4 t2

16

Movaodeg 7
OEMA T
OiL mAwrxiec Towv €oyalouévomyv O€ ULO ETALQELDL €YOVV

ouadomoinBet oe 4 wAdoelg (oov wWAATOVE, OmWC
ELQPAVICOVTUL OTOV TAQURATW TIVARA CVYVOTNTOV.
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APXH 3HS SEAIAAS - T HMEPHXYXIQN

6eh. 32 amo 124.

HAIKIES | x; Vi f; % N; | Fi% | vixi
(xedvia)

[25, ) X

[ ., ) x+20

[ ., ) 2x

[, ) x2-6x 50

SYNOAO

I'l. Na foeBovv oL oyetinéc ovyvotntee f; % i=1,2,3,4
Movdaodec 6
I'2. Av n 01Auecog TNC ©ATAVOUNS TV NALrLdYV eivalr 0=50
YOOVLO, VO OTTOOElEETE OTL TO WAATOC TNG XAAONC €lval
c=10.
Movdaodec 8
I'3. AoV ueta@épete O0T0 TETPAOLO OOC TOV TAQATAV®
nivara cvumAnomuévo ratdAAnia, va vroloyioete tnv
uéon Ty x TOV NAALOV.

Movdaodec 6

I'4. [I600L €0 YATOUEVOL, TOV OTMOLMV OL NALXIEC AVAXOVY OTNYV

TOMTN ®AGOM, mEEmeL va. TEOoOoAN@Oovy, ote N véa uéon
nhwxia va gtval 40 xoovia;

Movdaodeg 5

OEMA A
ESaxdolor amdégortolr Agvtepofdbuiac Exmaidevong, ot
omotot €yovv Ta (Ol TUVTIXA %Ol OVOLAOTIXE TEOOOVTA,
vrofdAilovv alttnon medoAnyne oe dVo etalpeiec A noal B.
Alvetar 6tL n mBavotnta, €vac tvyota emiAeyuévog amo
oV TOVC:

e va xpoLBel ratdAinhoc yia TEooAnYn o€ wita uévo amod

TIC eTaLpelec A naL B eival %, A=0
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APXH 4HS SEAIAAS - T HMEPHXIQN

o va %xpLBel xatdAAniog yia TpSoANYn To TOAV O HLoL Ao

Al.

A2.

A 3.

TIc eTapeiec A »at B elval 37;;1, A=0

va unv xolel xatdAAnloc yio mpdoAnyYn o ®vauuio amxo

T 0OV0 eTOLQElES ElVaLL ﬁ, A=2

Na amodeiEete dtL A=4.

Movdaodec 8
And tove 600 amogoitovc mov vmEPaAlav altnon
TEOOANYNGS OTIC eTalpelec A nat B, n etalpeia A €xpive
2OATAAANMAOVC Yia mEdoAnyn 50 Avydtepove amd Soovg
ExpLve M eTapeia B.

a) I16ooL amdportol xEiOnrav vatdAAnior yio TQOoAnyYn
wovo amd TV etalpeia A, moool xpiBnxrav ratdAinhot
vy TEOoANYNn wudévo amd v etapelac B xalr moool
amogoltol Ba Ppebovv oto diAnuua vo emhéEovy og mola
amd T OV0 E€TAPE(EC OTIC Omolec ®PiON®HAV ®aATAAANAOL
vio TEOOoAN Y1, ETLOVUOVY VO, EQYAOTOVY;

Movaodeg 7

B) Na amodeiEete dtL 300 amdgoitol xpiBnxrav xatdAinhot
yia TEOoANYN, amd Tic eTalpelec A 1 B.

Movdaodec 6
2ToVg amo@oitovg mov O&v xplOnxav xatdAinhot yio
nooohnyn  Odivetar mn  OvvaroTnTa  TO.QAXOAOUONONC
TEOYOAUUATOC emMLUOQo@pmwone. Av 1 mbavétnta €VpeoNg
goyaoiog yioo avtove mov Oa mapaxroilovOnoovv ToO
mooyoauua eivar dLmAdola amxd TV aviioToLyn eXElVmV TOV
dev Ba 1o maparoAlovOnoovv, va vmwoAoyioete mdoOL
amd@oLToL amd avTovg, oV Oev %EtOnxrav ratdAinlotl
vioo Tpooinyn, Oa Poovv gpyaoctia.

Movaodec 4

TEAOX 4H> AIIO 5 ZEAIAEX www.dinamiko.edu.gr
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APXH 5HS SEAIAAS - T HMEPHXIQN

OAHTI'IEY (yio tovg eEetalonévovg)

. 210 1eT0GdL0 va yodyete uévo ta mooxatapxntird (nuepounvia,

eEetalduevo uddnua). Na punv avuypdwere to Oépata oOTO
TeETOAd 0.

No vyodyete TO OVOUATEXOVUUO OO0C OTO TAVWD WUEQOS TWV
PWTOAVILYQAP®WYV aAUéows UOALS cag mapadoBovv. Aev emiToEmeTal

cch. 34 amo 124.

vo_Y0O0WYeETE ®aULd AAAN onuetmwon. Katd tnv amoywonon oag va
napadwoete wolli ue To 1eTPddLO %L TA PWTOAVIIiyoQ PO,

No aravtioete 010 T€TdO6L6 gag o 6Aa ta Oéuata.

No yoayYete TIC ATAVTNOELS OOC HOVO UE UWTAE ] HOVO UE LavQO
O0TVAG. Mmopeite vo ¥ONOLWOTOLHOETE WOAVPL uodvo yio oyédia,
OLaYQAUUOTO ROl TIVOREC.

Noa un xoNoLuoToLMOETE YOO Tl WLALUETQE.

Kabe amdvinon emtotTNUOVIXGA TEXUNQOLOUEVT ELVAL ATOOERTY.
AiGoxera eEétaone: toec (3) dpec uetrd TN dSravoun TWV
PWTOAVTLYQAPMYV.

Xpovog dvvatic amoywonong: 18.30.

KAAH EIIITYXIA
TEAOX MHNYMATOX
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APXH 1HS SEAIAAS - T HMEPHXYXIQN
IIANEAAHNIEX EEETAXEIX I" TAEHX

HMEPHXIOY 'ENIKOY AYKEIOY KAI EITAA (OMAAA B)
YABBATO 14 MAIOY 2011
EZEETAZOMENO MAGHMA:
MAOHMATIKA KAI XTOIXEIA ETATIETIKHX
TENIKHX ITAIAEIAX
LYNOAO TEAIAQN: HENTE (5)

6ch. 35 amo 124.

OEMA A

Al. Tia 0vo evoeyxoueva A »at B evoc deryuatinoy ywpov Q
Vo amodeLydel ot
P(A-B)=P(A) - P(ANB).
Movadeg 7

A2. TI6te dvVo evdeyxdueva A, B evoc derynatirov ywpov Q
Aéyovtal acvupifpaocta;

Movadec 4

A3. Tui engppdlel n oxetinny ovyvotnta f; wlog TapatMEMoNg
X; evOoc Oelynatoc.

Movaoeg 4

Ad. No yapoxtnoioeTe TIC TOOTACELS TOV Ox0A0VOOVY, YodpOoVTaS
OTO TETPAOLO oag OITAd, OTO YOAUUO TOV AVILOTOLYEl O XAOE
TooTOON, TN AEEN Xwoto, av n mpotoon  EivalL owoTth, N
AdBog, av n mpoTaon eivol Aavlaougv.

a) H draxdpavon exgodletal otic tOLeEC HOVAdES UE TLG
OTOlEC EXPEALOVTUL Ol TAQATNOENOELC.

Movaodeg 2

B) Xe uwia navovixy xoatavoun TO €VQOC LOOVTOL
nepimov ue €EL pop€c ™ wéon tTun, Onhadn R=6X.

Movadeg 2
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APXH 2HY SEAIAAS - I HMEPHYION . . .
v) Tia tnv mapdywyo urag cvvOeTng ovvaeTNoNg LOYVEL

(f(g(x))) =1"(g(x))-g"(x)
Movaodeg 2

0) IIdvtote €éva ueyahvtepo Oelywa Oiver mio
aglomiota  amotehéonata  amd  €va UWLRQOTEQO
detlyua.

Movdaodeg 2

e) 'Eva Odelyua tipndv  uniag  puetaPAntig  eival
OULOLOYEVEC, OV O OVVTEAEOTNG UeETAPANTOTNTOC dEV
Eemepvd 10 10%.
Movadeg 2
OEMA B
‘Eva ®ovti mepLé€yel AOmMPeES, RORKLVEC %Ol WAVQEC OQOlQEC.
[Tatpvovue Tuyaio ura opatoa. H mBavétnta va etval navoem

glval P(M)=%, n mboavotnta vo eivolr aomen gival P(A)=47»2

/ /7 / / 7 /
®ot M wOavoTnTa va elvatr ®OrR®LVY Elval P(K)=—57»+Z , 0oV

LeR. Av yio to ntAn0oc N(Q) tTwv ogpalpdv mov vrdey oV
0TO ®OVUT( LoyVeL 64<N(Q)<72, 161e
B1l. Na dei€ete 1L N(Q)=68

Movdodec 6
B2. No vwoloyLoTel | TLuMq TOL A

Movdodec 8

B3. Na ppeite mooec AGompeg, TOOEC UWAVQEC %ol TOOEC
ROUKRLVEC OQAlPEC VITAQYOVY OTO HOVTL.

Movdodec 6

B4. Ilaipvovue tvyaio uta ogpaitpa. Na Ppoedel n mbavéinta
avTy va elvar domen | uavem.

Movdodeg 5
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APXH 3HS SEAIAAS - T HMEPHXIQN
OEMAT

OL mtwAnoeLg, o€ YLALAOESC EVO®, TOV €YLVAY A0 TOVS TWANTES
WLOC ETALQELOC RATA TN OLAPXELQ EVOC €TOVC ouadomoLOnray
0o€ mivaro ovyYvoTNTmVv We nAdoeg (oov mAdtove. To
avTloToLYo TWOAVY®WVO OYeTLr®wv ovyvotitwv % €yel
dLadoyLrnéc noQVPES TIC:

A(8, 0) B(10, 10) (12, 20) A(14, ya)

E(16, yg) Z(18, 10) H(20, 0)

OOV VYA, YVE OL TeTOYUévVEC TV %O0QUVQPWV A xrat E tov
nolvywvov ABTAEZH.

och. 37 amo 124.

I'l. Na vwtoAoyLOTOUVV Ol TETAYUEVES YA ROL YE TOV ROQUQP®YV
A nayv E, av emimAéov yvmpiCovue 6tL n né€on Tiuq tTOV
TwAfoewyv oty drdpxrera Tov €tovg etval 14200 gvpw ®at
to gvBvyoauuo tTunua AE eivar mapdAAnio moog ToOVv
0pLCovTLo dEova

Movadeg 7

I'2. Na oyedLaotel To TOAVY®OVO TOV OYETLXDV OCVYVOTHTWOV
f,%.

Movadeg 3

I'3. Nao =«oataoxevaotel o  mivaroag TV OYETLHAOV
ovyvotntwv f% 1tng roatavounsg TOV TWANOE®V TOV
Eyivav oamd TOVC TWANTEC TNC ETULQELOC RATA TV
dLdprera evoc £€Tovc.

Movadeg 7

I'4. H dievbvvon tneg etalpeiog aAmTO@AOLOE TN YOONMYNOM
eVOC emmAéoV epdmal moooU 0 O00VC TWANTES €xOoVV
®AVveL €TNOLEC TWANOELS TovAdytotov 15000 evow. Na
VTOAOYLOTEL TO TOCOOTO TWV TWANTAOV mov Ba AdPouvv
avTo TO TOOO.

Movadeg 4

I'5. To eufaddv tov ywpiov mov opiletal amd 1o TOAVYWVO
OUYVOTHTOYV TNC %ROATAVOUNS TOV TOANOEWYV OL ONOIEC
EyLtvav oamd TOVC TWANTEC TNG ETALQElOC RATA TV
drapxera evog €Tovg ®olL Tov 0pLlovTiov dEova elval
80. Na Pepelte tTov 0plBuéd TOV TOANTOV TOV
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APXH 4HY SEAIAAS - I HMEPHYION . .. .
dxatovvtalr 1o epdma mood mov avagépetal oto ['4

EQWTNUC.
Movadeg 4
OEMA A
Alvetalr n ovvaptTnon
{0
X XT=TEX+ S
fox)=ed v 10 5/ yeRr
Al. Noa ueletnOei n f wc mpoc T uovotovia.
Movdaodec 8

A2. Av A, B 0V0 evoeyoueva evoc OELYUATIXOU YDoov Q ue
AcCB »at P(A), P(B) eivar oL 0éoecic tTov TOMXDV
axpoTaT®MV TNS ovvaptnone f va vmoloyiLotouUv oL
mBavitntec P(ANB), P(A-B), P(AUB), P(B-A).

Movdaodec 8
A3. Alvetair n ovvdptnon
1 (3x° 1
52 3
h(x)=e , xeR.
a) No AvOeil n eElomon f(x)=h(x).
Movdaodeg 3
B) Av xi< X< X3 Ol QiC&C TNC mapamavm e€Elowong
noL  Vi=2x+1, i=1,2,3 oL ovyvoeTnTteEC TWV
TOQATNONOEMY X; TOTE Vo PEelte TN UEON TLUH TOV
TAQATNONOEMV.
Movadeg 6
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APXH 5HS SEAIAAS - T HMEPHXIQN

OAHTIEY (yia Ttovg eEetaloué€vovg)

. 210 1eTPGOL0 va yodyete uévo ta mpoxatapxTird (nuepounvia,

eEetalduevo udOnua). No pnv aviiyeodyetre ta Ofpata 01O

TETOAOLO.
No vypodyete TO OVOUATET®OVUUO OOC OT0 TAVE UEQOS TWV
PWTOAVTILYQAP®WYV auéomws UOALg cog mapadobovv. Aev emiTop€meTal

cch. 39 amo 124.

va _yodWyete ®ould dAAAn onuetmwon. Katd tnv amoywonon ocog va
noapadwoete Wolli ue To TeTPddLO ®aL TA PwTOAVIiyQQ®O.

No aroavitnoete 010 TETEAO16 dog o OAha ta Béuata.

No yoayYete TIC ATAVINOELS OOUC HOVO UE UTAE 1] HOVO UE LAV QEO
OTVAG. Mmopeite va YONOLWOTOLHOETE NOAVPL wdvo yia oyédia,
drayoduuoato ®olL TIVARES.

No un YOoMOLWOTOLNOETE YOUOTL WLALWETQE.

KafBe amdvinon texunortwuévn etval amodexty.

Arvdonera eEétaong toelg (3) doec uetd TN dravoun TWV
PWTOAVTLYQAPMYV.

Xpovog dvvatig amoywenong: 10.30 w.u.

KAAH EIIITYXIA
TEAOX MHNYMATOX
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APXH 1H> >EAIAAX

och. 40 amo 124.
EITANAAHIITIKEYXY AIIOAYTHPIEY EEETAXEIX
I'" TAZEHX HMEPHXIOY T'ENIKOY AYKEIOY

AEYTEPA SIOYAIOY 2010

EEETAZOMENO MAOGHMA:
MAOGHMATIKA KAI XTOIXEIA YXTATIXTIKHX

I'ENIKHYX ITAIAEIAX
YYNOAO XEAIAQN: TEXXEPIX (4)

OEMA A
Al. Av n ovvdaptnon f elvar mapaymyiowun oe €éva diaotnua,

A nou ceR, va amodelEete L (cf(x))’z cf'(x), x eA.
Movadec 9

A2. TIIéte wwa ovvaptnon f Aéyetar yvnoiwe @Bivovooa oe €va
drdotTnua A Tov mediov opLouov TNg;
Movadec 3

A3. Tlwc opiletatr 0 deLynatTirog YXWEOC €VOC TELQAUATOC
TOYNG;

Movadec 3
Ad. Na yapaxtnoiOeTe TIC TOOTAOELS TOV AXOAOVHOVY, YOApovVTaS
OTO TETOAOLO o0¢ SITAa OTO YOAUUQA TOV OVTLOTOLYXEl O XAOE
mTooTaon T AéEN Xwoto, av n mootaon eival owotn, 1 AdBog,

v 1 TOOTAOoN EIVaL AaVOQoUEV.

a) Av ot ovvaptioelc f, g €xyovv nowvd medio opwouoVy 10 A,

TOTE 1) OVVAQPTNON —— €YEL TAVTO TEQLO 0QLOUOV TO A

B) Ioyver lim (ovvx)= cvvx,
X=X,

V) Z€ UL OUaOOTOLNUEVT RATAVOUT UE RAAOELC (00U TAATOVC OL
OLaOOYIREC REVTOIXRES TIUEC TV RAAOEWV OLALPEQOVY UETAUED
TOVC 000 %Ol TO TAATOC ®ABE ®AdONG.

0) 2 ulo ouadomonuUEVN ratavoun We ®rAAOoES (oov TAGTOVS
TO €UPaddV Tov YWElov Tov 0pileTal amd TO TOAVYWVO
OYETIXMV OVYVOTHTMV %Ol TOV 00LLOVTLIO AEova elval (0o ue
to u€yebog v Tov delyuatoc.

TEAOX 1HX AIIO 4 >EAIAEZ www.dinamiko.edu.gr




APXH 2H> >EAIAAX

och 41 amo 124.

£) Av P(A) slvar 1) mbavdtnto evig evoeouEvou
A={aq, 0y, ..., O} #O, TOTE
P(A) = P(ay)+ P(ay)+ ... + P(a,)
Movadeg 10

O®OEMA B

Ou BaBuoi 60 padntwv oe €va dwaywviopo MadBnuoatiroyv

rouaivovriar amd 10 €wgc 20 xar €xovv ouadomoinBel oe 5

®hGoeLg (o0ov mAGTOVS. Av:

e H vyovia tov xvrAwroU Ttou€o mTOV AVTLOTOLYE(L OTNV
wAdon [14, 16) tov vuxAwxov drayoduuatoc eivor 144°

o OL oYeTIL®EC OUYVOTNTEC TV OVO TOOTWV XAAOCEMV €lval
fofl

e 48 naBntéc mmoav padud €wg 16 nat

e 6 uadntéc mMmoav fabud tovidytotov 18, ToTE:

Bl. Na ueta@épete o010 TETPAOLO OO0C TOV TWAQURATM
nivoara cwoTd ovuTANoWUEVO.

2XETIKH 2XETIKH
BAOGMOAOTTA | KENTPIKH | 2XYXNOTHTA SYXNOTHTA | SYXNOTHTA

[ - ) TIMH X; v, f, f. %

=YNoAO [

Movaodeg 10

B2. Na Boeite ™ uéon twq x 1tnc Paduoloyiac twv

nwodntwv.
Movadeg 6
B3. Na Ppeite méocor pabntéc mioav Pabuoroyio amd 10
€wc 14
Movadodec 4
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APXH 3H> >EAIAAX

oeh. 42 amo6 124.
B4. No fpelte 10 mOOO0OO0OTO TV UHOOnTdV mOV WNEAV
BaBuoAroyia TovAdyLotov 17
Movdaodeg 5

OEMA T
‘Eotw Q ={w{, 0, 03, 04 0 OELYUATILOC XWOOC EVOC TELQAUATOS TUYNG
7ot To evOeyouevd tov A= {w;, s} ®ot B={ w,, w4}

1 -1
Av givalr P(A-B) = vE nat P(B-A) = y-1
v+4 2V

dmov v BeTindc axnépalog, TOTE:
I'l. Na arodeiEete 61t P(A-B) = P(A) now P(B-A) = P(B)
Movdaodec 6

I'2. Na amodeiEete oTL v=4
Movadeg 10

I'3. Na vmoAoyioete T mBavotnteg Twv evdeyouévov A

nat B
Movaodec 4
I'4. Na vmoloyioete tnv miBavotyta TOU €VOEYOUEVOU
A“UB”’
Movdodeg 5
OEMA A
‘Eotw ti,t,, ... ,t, OL TOQATNENOELS WLOC TOCOTLRNS UETAPBANTNAS

X evéc delynatoc ueyé0ovc v, mov €xovv U€omn TN X HAU
TUTLUN ATTORALON S
OewpoVue exioNc T OVVAQTNON

1

f(t) =
(®) 300s”

3
(t—ij, teR noav s#0

Al. No amodeiEete o611 m ovvdptnon f eivar yvnoimwg
avEovoa.

Movadeg 5
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APXH 4H> >EAIAAX

oeh. 43 amo 124.
A2. Noa amodeiEete dTL 0 pVOUOC netTafoing tng ovvdptnong f yivetau

eEAMAYLOTOC YIOL t = X %Ol vo PEElTE TNV EAAYLOTN TIUH TOV.
Movadeg 6

A3. Av f(0)=1, va vrohoyioete to ovvieheoty uetafoinc CV twv
TOQATAVM TOQATNENOEWY KOl VO EEETAOETE AV TO OElyua eival

OUOLOYEVEC.
Movaodec 8
A4. Noa amodeiete dtL 1 uéon T Twv apbudv £(t;), f'(ty), ..., '(t,)
L 1
glva (om ue ——
T 100

Movdaodec 6

OAHTI'IEX I'TA TOYX EEETAZOMENOYX

1. 210 7tetpddL0 va  yodayetre UOVO TO  TOOROATUQOXTLXA
(nuepounvia, eEetalonevo nwabnua). Na punv aviiyedypete to
Oéuata oto teTddLO0.

2. No ypod4yete TO OVOULTEM®OWVUVUO O0C O0TO0 TAVWD UEQOC TWV

PWTOAVTLYQApmV, auéome uéihig cag mtapadobovv. Kaprd adiin

ONUElWOTN OEV EMLTOETETAL VO YQAYETE.

Katd tqv amoxwonof cog va mopadwoete wali ue to 1e1pddLo

ZOL TAL QOTOAVTIYQOQA.

No aTavINoeTe 0T0 TETEAOL0 O0ag o€ 0Aa Tta Oépuata.

4. No yoaWeTe TIC AMAVTINOELS OOC HOVO HE UTAE | HaVQEO OTVAD

orapreiag »nar povov aveEltnAng perldvng. Mmopeite va

YONOLUOTOLNOETE UOAUPL uévo yia oyxé€dia, Orayoduuato %ol

mivanec.

Kabe amdvinon emiotnuovird Texunolouévn eivatr amoderTy.

No un XOoMOLWOTOLNOETE YOO TI WLALWETQE.

7. AvGorera eEftaong toelc (3) doec wetd TN dravoun TOV
PWTOAVTLYQAQMV.

8. Xpodvogc dvvatic amoywonong: 9:30 w.u.

KAAH EIIITYXIA

et

S

TEAOX MHNYMATOX
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APXH 1H> >EAIAAX

oel. 44 oo 124.
AIIOAYTHPIEX EEETAXEIX I'" TAEHX
HMEPHXIOY F'ENIKOY AYKEIOY KAI IIANEAAAAIKEX
EEETAXEIX I'" TAEHX EITAA (OMAAA B)
AEYTEPA 17 MAIOY 2010
EEETAZOMENO MAGHMA:
MAGHMATIKA KAI ETOIXEIA *TATIETIKHX
TENIKHX ITAIAEIAX
LYNOAO ZEAIAQN: IENTE (5)

OEMA A

Al. ‘Eotw t,ty,...,t, OL JTOQATNENOELC ULOEC TOOOTLXNC

uetapPAntine X evog Oelyuwatog ueyéBovg v, mov €yovv

uéon Tiuq x
SynuoatiCovne Tic dLapopéc t;— X, th— X ,..., ty— X
Noa amodetEete 0TL 0 apLBunTIndc u€coc TV dLOPOoQWYV

aUVTOV elval (0og ue unoév.
Movadeg 7

A2. Av X,X5,..,X, E(VOlL Ol TOQATNONOELC ULOC TTOOOTLXNC
wetaPAntic X evog delyuatoc ueyébovg v nal Wi, Wo,...,W,
glval oL avrtiotoryolr ovvieheotéc otdbuiong (Bapvtmtacg), va
optoete To 0taOBuULKO ué€oco tnc uetafiAntne X.

Movadec 4

A3. ‘Eotw Q o deiyuatirdc ywEoc €vOC MELQAUATOC TUYMNC.
Na divoete Tove 00LOUOVES TOV PEPatov evdeyouévov xat
TOV adVVATOV EVOEYOUEVOW.

Movadec 4
Ad4. No yapoaxtnoiOeTe TIC TOOTATELS TOV Ox0A0VBOVY, YodpovTag
OTO0 TETOAOLO 00S OITAQ OTO YOOUUO, TOV QAVTLOTOLXEL O #AOE
mootaon ™) AéEn Xwoto, av n mootaon eivalr owotn, 1 AdOog,

av 1 TOOTAO0N EIVaL AaVOQouUEV.
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APXH 2H> >EAIAAX

oeh. 45 amo 124.
a) Av oL ovvaptioelc f, g €xovv 010 Xo 60l TEAYUATIXROUS
apBuovg, tote lim (f(x)-g(x)) = lim f(x)-lim g(x)

X=X, XX, X—> X

B) Tia »aBe x>0 Loyvel (\/;):_

v) H taydtnta evog xivntov mov ®iveital gvBvyoauuo
xoat m B€on Tov otovV dEova %xivVNONS TOV exEAClETOL
and tn ovvdaptnon x=f(t), Tn xooviryi oTLyuy to eivat
v(to)=f"(to)

0) Muia ovvaptnom f Aéyetal yvnoimg gbivovoa o€ €va
draotnua A tov medlov opwouov  Tmg, OTavV Yo
OOLLONTOTE ONUElD X1, X, €A ne X <X, toyver f(x;)<f(x,)

e) H ouwaueococ eivar €va uétpo 60€ong, T0 oOmOLO
EMMNEEATETAL TG TILC AXQOIEC TAQATNONOELC.

Movaodec 10

®OEMA B

Alvetal n ovvapTNnom

f(X)=2\/X2—X+1—1 , xeR

: -1
B1l. Na vrmoloytioete tTo lim )
x—>1 x-—1

Movaodec 10

B2. Na vmoAoytioete 1t0 ovvieheotny OdievbBvvong 1ng
EQOATTOUEVNC ™¢ YOO PLUNG TAQACTAONG ™¢
ovvaptnonc f oto onueto tneg ue teTunuévn xy=0

Movaodec 10

B3. Na vmoloyiocete Tn yovia mov oxnuatiCer n mooaxdvm
epamTouévn We Tov aova x’x
Movdodeg 5
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APXH 3H> >EAIAAX

o€l 46 amo 124.

OEMA T

Ou Tinéc T amwAierag fdpovg, oe vLAd, 160 atduwyv, Ta omola
arxohovVOnoav €va  mEedypoauud  adVVATIOWATOS,  €YOVV
ouadomoinBet oe 5 wAdoelg (ocov TAGTOVE, OmTWC enaviCovrat
OTOV TAQUXATW Tivaxa:

I'l.

I'2.

I'3.

I'4.

ATIQAEIA BAPOYX | KENTPO KAAXZHZX 2YXNOTHTA

>E KIAA X \f
[0 -..) 20
[..-..) 6 40
[..-..) 45
[..-..) 30
[..-..) 25

SYNOA P 160

Na amodeiEete dTL TO TAATOC ¢ ®ABe ®wAAONC elva (00 ue 4
Movdaodec 6

Aol UETAPEQETE OTO TETPAJLO OOC TOV TAQATAV®
Tivoaro cwoTd CVUTANQOWUEVO, VO VTOAOYIOETE TN WEON

TWH X %Ol TNV TUTLRT AmO®RALon S
Movdaodec 8

No eEetdoete av 1o deiyna elvalr opotoyevéc.
Movadeg 5
Av ndBe dtono €yxer tnv (0L mBavoTnTO VO ETLAEYEL,
va vtohoyitoete TV mOBaAvATNTA TOV EVOEYOUEVOU
A: «n amwdlera Pfdoovg evog atduov mov emMLAEXONKRE
Tuyato vo eivar amd 7 uéyotr ®at 14 niAd».
Movadeg 6

. . 1
Atlvetal 0 TUTOG 2 ==
v

2 1=1
XiVi—
. v

1

k Z Xivi
—1
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APXH 4H> >EAIAAX

cch. 47 amo 124.

OEMA A

‘Eotw A, B dvo evdeydueva evog deryuatixov ywpov L ue
aviiotolyec mbavétntec P(A), P(B) »ou m ovvdptnon

f(x)=In(x —P(A))-=(x=P(A)* +P(B) , x>P(A)

1
2
Al. Noa ueletnoete tn ovvdptnon f wg mEog T wovotovia

®OL TO LXQOTOTO.
Movadaodeg 13

A2. Av n ovvdotnon f wapovoldlel arPOTATO OTO ONUELO
X :g we tiun f(x,)=0, va amodeiete OTL:

P(A)=% noL P(B)=%

(0)

Movadadeg 2
) ) ) L 5
Aaufdvovragc vdyn to gpdtnua A2 rat emAéov 6t P(A UB) :g ,

va Boeite Tnv mbavotnTo:

A3. vo unv mpayuotomromBovv tavtdyoova to evoeyoueva A , B.

Movadeg 5

Ad. va mpayuatomolnBel uévo Eva amxd ta evdeydueva A , B.

Movadeg 5
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APXH SHY SEAIAAX

cch. 48 amo 124.

OAHTI'IEX I'TA TOYX EEETAZOMENOYZX
2T0 TETEAOLO VO YOAWETE UOVO TO TOOXUTUQXUTLXA
(nuepounvia, ge€etalduevo wadnua). Na nnv
avTLYQdYete ta Oépata 0To TETEAOLO.
Na yodYete TO OVOULTEMTWOVVIUO OOC OTO TAVW UWEQOC TV
POTOAVILYQA Y, auéomc UoAc ooac mapadoBovv.
Koptd aAAn onueioon 0ev eMLTOETETAL VO YOAYPETE.
Katd tqv amoyxywonon ocog va mopadwoete uali ue 1o
TETQAOLO RAUL TO PWTOAVTIYQUPO.
No amavinoeTte 0T0 TETEAOLO 00¢ 0 0Aa ta Ofuata.
Na yodyete TIC ATAVINOELS OOC HOVO HE UTAE 1) HovEO
OTVAO OrLoQzeiag xar povov oaveEitnAng pnerhdavne.
Mmopeite va YONOLWOTOLNOETE WOAVPL wovo yia oyéoLa,
OLayOAUUaATO ®OL TIVAREC.
KaBe oamdvinon emxmoTnUOVIXG TEXUNQLOUEVY ELVAL
ATOOERTN.
No un xonoLwomoLNOETE YOO TI WLALUETQE.
Arvdonrera eEétaonc: toelg (3) doec uetd TN dravoun Twv
POWTOAVTLYQAQMV.
Xpo6voc dvvatic amoywoenong: 10.00 w.u.

KAAH EIIITYXIA

TEAOX MHNYMATOX
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APXH 1H> >EAIAAX

oeh. 49 a6 124.
EITANAAHIITIKEYXY AIIOAYTHPIEY EEETAXEIX
I'" TAZEHX HMEPHXIOY T'ENIKOY AYKEIOY
TPITH 7 IOYAIOY 2009
EEETAZOMENO MAOGHMA:
MAOGHMATIKA KAI XTOIXEIA YXTATIXTIKHX
I'ENIKHYX ITAIAEIAX
YYNOAO XEAIAQN: IIENTE (5)

OEMA 1o

A. Noa 0ei€ete 611 vy dV0 OCVUTANQOWUATIXA EVOEYOUEVA
A noat A'evog deLyuaTtixov Ydov, LoYVEL

P(A=1-P(A)
Movadec 9

B. a. Eotw uta ovvdptnon f ue medio opronov 1o A. Ilote
Aéue 6tL M f mapovoldlel TOmM®O WEYLOTO OTO X €EA;

Movadec 3
B. Av ty, ty, ..., t, Elval Ol TAQATNENOELS ULAC UETAPANTNAC

X o¢ delyna ueyébovg v, vo opitoete ™ uéon TWwfH X
TOV TOUQATNONOEMV.

Movadec 3

I'' Na yoapaxtnoioete T mTEOTAOELL WOV oaxrolovBouv,
YoapovTtag 010 TeTEAOLO cog ™ AEEN Xwoto M AdOog
Olmla 01O YoAuuo TOV AVILOTOLYEL 0 nABe mpdTOON.

a. Av n ovvdptnon f €xeL oto Xy 0pLO0 €vavV TOAYUATLXRO
apltbud ¢, omihadn av lim f(x)=/¢ 161 YLaa %GO

X=X,
puowrd aplud v ueyoaiivtepo Tov 1 Oa  woyvel
lim (f(x))’ = v

X—X,

Movadeg 2
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APXH 2H> >EAIAAX

oeh. 50 amo 124.
B. Twa tn ovvdptnon f(x) = e, xeR, toyvel f'(x) = e*
Movadeg 2

v. H Oitdueococ evdoc Oelyuatoc mapaTnonoemy elval 1
Ty yra tTnv omota to moAV 50% Twv maQATNENOEMY
elvar uxpotepec amd avtiv %ol 1o moAv 50% twv
TAQATNONOEMV E(VAL UEYAAVTEQEC OO TNV TLUN AVTHV.

Movadeg 2
0. Av 1 2oaumUAn OUVYVOTHTOV YL €VO YOUQUXTNOLOTLRO

elvar xravovixy 1M TEQITOV ARAVOVIXY UE TUTLKRM
amoxrAion s xaL e¥poc R, tédte 1oyvel s~6R

Movadeg 2

e. O dewyuatindc ywpoc 2 evog TWELPAUATOC TUYNC
Aévetal BEPaLo evOeOUEVO.

Movadeg 2

®OEMA 20

Aivetar 1 ovvdotnon f(x) = ax’—8, dmov a évac TEAYLATIRGC
apLluoc.

a. Av limf(x)=-7, va Poebel n Tiun tov o

x—1
Movadec 5
p. ‘Eotw a=1
i. No poeBel to 6pLto lim )
x—2 X—2

Movadec 10

ii. Na foeOel n eElomon tnc epamTouévne TS YOO QLXNC
napdotaong tne f oto onueio ue teTtunuévn xg = 2

Movadeg 10
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APXH 3H> >EAIAAX

oeh. 51 amo 124.
®EMA 3o
‘EoTm X1, X, X3, X4 Ol TLUEC nLog netafAntig X evog Oeiyuatog
ueyébovg v=72 ne aviiotoryec (amoAvTeS) OVYVOTNTES Vi, Vo,
V3, V4, OTOV V4 = 3vs. AlveTtal exiong 0tL 1o TO6EX TOV ®HUKALXOU
OLOYQAUUATOC CUYVOTNTWV TOV OVILOTOLYOUV OTLC TILUWESC X
noL X, €lval avriotorya 50° war 30°.

a. Na foeBovv oL ovyvéintec v;, i=1,2,3,4
Movadeg 10

B. Na foeBovv ta T6Ea mov avILOTOLYOUVYV OTILC TIUES X3 ROl X4
Movadec 8

v. Atvetal 0tL X1 <=7, X,=—7, X3= 3, nat x4 >3. Na derybel 611
10 R+72x=52 8

omov R, x, & eival aviiotoLyo 10 €000C, N WECH TLUH XL 1)
OLAUECOC TMV TOQATNONOEMV.

Movadeg 7

OEMA 4o

4
Alvetar M ovvapInom f(x):v3x+—2, xe(0,1), démov v
X

axépaloc apLludc ue v >2

A. a. Na mpoodioplLotet 1o Otdotnua oto omoito m f elval
yvnoiwg avEovoa rat to Otdotnua oto omoto n f elval
yvnoiwg plivovoa.

Movadec 8

B. Na uehetnBeil n ovvdotnon f wc TEOC TA ARPOTATA RO
va deuyBel 6tu f(x) = 3v? yia vdBe xe(0,1)

Movadeg 5
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APXH 4H> >EAIAAX

oeh. 52 amo 124.
B. Oewpovue tov Oderypatixd ywpoo Q = {1, 2, ..., v} ue
LoomiBava amAd evOeyoueva rot To eVOEYOUEVO TOV, A YL
TO OO0 LOoYVEL

4
(P(A))

omov P(A) eivar n mbavétnyta tov A natr N(A) 1o
nAn0oc Twv otolyelmy Tov A

v> P(A) + =3v? noar N(A)=v>-9v-8

a. Na delEete 6tL P(A) = %

Movadeg 7

B. Av emumwhéov B elvar éva evoexyouevo tov OeLyuatirov

vdpoov Q ue P(ANB) = é, va, vtohoylotel | mbavotnto
Tov evdeyouévov A'UB

Movadecg 5

OAHTI'IEX I'TA TOYX EEETAZOMENOYZX

1. 210 7TeTEAdLO0 VO YOAYETE UOVO TO TOOAROATOUQOUTLAA
(nuepounvia, egetalouevo waonua). Na nnv
avTLYQadYeTe Ta Oépata 0To TETEAOLO.

2. Na yoAWYeETE TO OVOUATETXDVVUO OOC OTO TAV®DW UEQOC TWV
OTOAVILYQAd Y, auéomc UoAc ooac mapadoBovv.
Koptd aAAn onueioon 0ev eMLTOETETAL VO YOAYPETE.
Katd tgv amoywonom ocog va mopadwoete uoali ue 1o
TETOAOLO XL TO PWTOAVTIYOAQA.

3. Na amraviNoeTe 0T0 TETEAOLO 0ag 0 O0Aa to Oéuata.

Na un xonowomom0Bet to uthueteé UALO Tov TETEUO(OV.

4. No yoAWYETE TIC ATAVINOELS OOC HOVO NE UTAE | paveo
OTUVAO drapxelag naL novo aveEiTnAng nerldvne.
Mmopeite va YONOLLOTOLNOETE WOAVPL wovo yia oyéoLa,
OLOAYQAUUOTO ROl TIVAREC.
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APXH SHY SEAIAAX

oeh. 53 amo 124.
Ké&Be oamdévinon emwotnuovixd texunolouévy eival
ATOOERTN.
Arvdonrera eEétaong toelg (3) doec uetd tn dravoun Twv
POTOAVTLYQAQMV.
Xpo6voc dvvatic amoywoenong: 10.00 m.u.

KAAH EIIITYXIA

TEAOX MHNYMATOX

TEAOX SH> AIIO 5 ZEAIAEX www.dinamiko.edu.gr




APXH 1H> >EAIAAX

6elh. 54 amo 124.
AIIOAYTHPIEX EEETAXEIX I'" TAEHX
HMEPHXIOY F'ENIKOY AYKEIOY KAI IIANEAAAAIKEX
EEETAXEIX I'" TAEHX EITAA (OMAAA B)
AEYTEPA 18 MAIOY 2009
EEETAZOMENO MAGHMA:
MAGHMATIKA KAI ETOIXEIA *TATIETIKHX
TENIKHX ITAIAEIAX
LYNOAO ZEAIAQN: TEXZXZEPIX (4)

O®EMA 1o

A. Noa oamodeiEete o611 yia omoiradfmote aocvupfifpaocta
weta €V tovg evdeydueva A rot B toyvel 4tL

P(AUB)=P(A)+P(B)
Movadeg 10

B. AV X(,X,..,X, €ivalr ot Twuéc utag petafintig X mov
a@opd to dtouo eviég deiyuotoc ueyébove v (k<v), va
oploete TN oyeTvn ovyvotnta f; tne Tuig x;, i=1,2,...,k.

Movadeg 5

I'' Noa yoapaxrtnoioete T TEOTAOELS WOV axrolovBouv,
YOA@OVTOC 0TO TETEAOLS oag TN AEEN Xwoto v AdBog
OlmAa 01O YyoAuUuUo TOV AVILOTOLYEL 0 nABe mpdTaON.

a. l'ta to yivouevo O0V0 TAQAYWYIOCLU®MV CUVVAQTNOEWMV
f, g LoyveL 6TL

!

(f(x)g(x)) =f'(x)g'(x) +f(x)g(x)
Movadeg 2

B. Av A, B elvar 0vo evoeyxoueva &vog OELYUATLROV
KOO0V Q, Td1e LOYVEL OTL
A-B=ANB
Movadeg 2
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APXH 2H> >EAIAAX

o€h. 55 amo 124.
v. Twa Ty ovvdptnon f(x)=nux LoyveL 6tu
(nux)' = —-ocvvx
Movadeg 2

0. To pafddyoauua YOMOLUOTOLE(TAL YLOL TN YOOPLKY
TOQAOCTACN TOV TLUMV UWLOS TOLOTLXNG WETAPBANTC.
Movadeg 2

e. H uéon tiun evéc ovvolov v mapatnofoemyv eivat €va,
uétpo B€onc.
Movadeg 2

OEMA 20

2tov egmduevo mivaxra Otvovtal otv Twméc Xx;, i=1,2,3,4 uiog
uetaPAntie X ue avrtiotoiryeg ovyvotnteg v;, i=1,2,3,4. H
oUXvVOTNTO VvV, WOV OVILOTOLYEL OTNV TN X,=3 elval
aAyvootn. Alvetar 6TL M LEON TIUN TOV TOUQATNENOEMV €lval

ton ue x=4.
X Vi
2 6
3 :
5 3
8 4

a. Na amwodetEete OtL v,o=7.
Movdaodec 9

B. Nao amodeiEete 611 1 danVuoavon TV TOQATNONOEMV
elval ton ue 4,9.
Movdaodec 9
v. Na eEetdoete av 1o delyuo Tov Tin®dv tnc wetapintic X
elval oporoyevéc.
Atvetalr OTL \/@z2,2
Movaodeg 7
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APXH 3H> >EAIAAX

6ch. 56 oo 124.
O®OEMA 3o

Alvetor m ovvdotnon f(x)=x’—6x*+ax—7, SmOV O TOOYUATIRAC
aEBude, yia TV omota Loy vEL

2f"(x)+f'(x)+15=3x%, xeR

a. Na deiEete 611 =9
Movdaodeg 7

) ) . 1'(x)
B. Na vwroAloyioete 10 dQLO }g}xz—l

Movdaodec 8

v. Na foeite tnv €Elowon tneg epamtouévng TNg YOOQLRNG
napdotaong tne f, n omwola eivalr TapdAAnAn otnv evbeia
y=—3x

Movadeg 10

OEMA 40
Ailvetar m cvvapTnon f(x):lnx—g +A2=6A+2, x>0 Smov A €vac

TOAYUATIXOC apLBuoc.

A. a. Na mwpoodoilopLotel 1o ditdotnua oto omotio m f elval
yvnoiwe avovoa xat tTo ditaoTnua oto omoto N f elval
yvnoiwg pBivovoa.

Movdaodec 6
B. Na uehetnBel n ovvdptnon f wg mpog Ta axpoTaT.
Movdaodec 6
B. Oswpovus 6tL ot twwéc tne ovvdoptnone f(2), £f(4), £(8),
f(3) na £(5) elvar rapatnofoelg nog netafintic X.
a. Av R elvar 1o €vpogc nat O 1 OLduecog TOV
TaQaTNENoEWY, va deryBel 0Tl

R=3+ ln% wor 8= Ind+A2 -6\
Movdaodeg 7

TEAOX 3H> AIIO 4 ZEAIAEX www.dinamiko.edu.gr




i

APXH 4H> >EAIAAX

oeh. 57 amo 124.
‘Eotmw o deitypatindc ywpoc Q2={1,2,3,..,100} o omoiocg
amoteheltal amd anAd toomiBava evdeydueva. Av 1o A
TAOVEL TIUEC OTO OELYUATIRO YWEOo Q, va vwohoyioeTe
™V TLOAVOTNTA TOV EVOEYOUEVOU

A={AeQ | R+0<-2}
Movdaodes 6

OAHTIEX I'TA TOYX EEETAZOMENOYX

2T0 TETEAOLO VO YOAWETE UOVO TO TOEOXUTUQXRTLXA
(nuepounvia, geEetalduevo wadnua). Na nnv
avTLYQadYetTe Ta Oépata 0To TETEAOLO.

. Na yodyete 10 OVOUATETWOVVUO OOC OTO TAVW WEQOC TV
POTOAVILYQApwY, auéowc WwWohlg oac mapadoBouv.
Koputd aAAn onueioon 0ev eMLTOETETAL VO YOAYPETE.
Katd tgv amoywonom ocog va mopadwboete uali ue 1o
TETOAOLO XL TA POWTOAVTIYOAUPQ.

No amavtioeTte 0T0 TETEAOLO 00¢ 0 0Aa ta Ofuata.

Na yodyete TIC AMAVINOELC OOC WOVO UE UWITAE 1} HAVQO
oTVAO OLoQzeiag xaL povov oaveEitnAng peldavne.
Mmnopeite va yonowomoloete WOAVRAL uoévo yia oxédia,
OLayOAUUaTO ROl TIVAREC.

KaBe oamdvinon exmoTNUOVIRA TEXUNQLOUEVY ELVAL
ATOOERTN.

ArvGoxero eEétaonc: toelg (3) doec uetd TN dravoun Twv
POWTOAVTLYQAQMV.

Xpovog dvvatng amoywoenons: 10.00 w.u.

KAAH EIIITYXIA

TEAOX MHNYMATOX
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APXH 1H> >EAIAAX

oeh. 58 amo 124.
EITANAAHIITIKEYXY AIIOAYTHPIEY EEETAXEIX
I'" TAZEHX HMEPHXIOY T'ENIKOY AYKEIOY
TPITH 1 IOYAIOY 2008
EEETAZOMENO MAOGHMA:
MAOGHMATIKA KAI XTOIXEIA YXTATIXTIKHX
I'ENIKHYX ITAIAEIAX
YYNOAO XEAIAQN: IIENTE (5)

OEMA 1o

A. Eotw f, g 6V0 mapaywylolmwes ovvaQTNOELS OTO OVVOAO
TOV TOAYUATIROV aptOudv. Na amodeiEete 411

(f(x) + g(x))" = £'(x) + g'(x).
Movadec 9

B. a. Na d&dkoete 710V o0pLOW0 1TNS OLAXVUAVONS TV
TAQATNONOEWY ty, ty, .., t, urag uetaPintng X.

Movadec 3
B. I16te OVo evoeyxdueva A »nat B Aéyovtar acvupifpaocta;
Movadec 3

I'' Na yoapaxinoioete T mTEOTAOELL WOV axrolovBouv,
YoapovTtag 010 TeETEAdLO cag ™ AEEN Xwoto 1 AdOog
OlmAa 0tO YOAUUO TOV AVILOTOLYEL O A 0e mEdTOON.

a. Fevird  deyduaote OtL €va  delyua TLUOV  ULOG
weTtaPAntie elvar ouotoyevég, €6V O OVVTEAEOTNG
uetafoine tov delyuwatoc dev Eemepva 1o 10%.

Movadeg 2

B. XapaxtnoloTi®nd yVOQLONO ULAE CUVEXOUS OVVAQTNOMNS
o€ €va ®AELOTO dLaoTnua €ival OTL 1 YOO@LXY TNG
TAQAOTOON E(VAL ULOL OVVEYNS XOAUTUA.

Movadeg 2
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APXH 2H> >EAIAAX

6eh. 59 amo 124.

v. Av n ovvdoinon f €xeL oto Xy 0pLO0 €vavV TOAYUATLXRO
aplbud /¢, Oniadn av lim fx)= ¢, TOTE

lim (f(x))= ¢] (v 0eTinéc anéparoc).
X—)XO

X—)XO

Movadeg 2

0. Av wa ovvdaptnon f eivalr moapaywylowwn oe €va
draotnuo A xat toyver f'(x) < 0 yio #aBe socwteQLE
onueto Tov A, téte n f elval yvnotwg avEovoa oto A.

Movaodeg 2

e. To didypauua OUYXVOTHTMOV YONOLUOTOLELTAL YLOL TN

Yoa@L®] TAQAOTAON TV TLUOV

WeETAPANTYC.

OEMA 20

WLOLC  TTOLOTLRNG

Movaodeg 2

H puéon PaBuoroyia twv pwabntwv utag taEng oe €va TEOT
etvatr 70. XwoptCovue ™) fabuoroyia oe 1€00eplg »AdoeLg (Oov
TAGTOVS, OTWC PAIVETAUL OTOV TAQUXATW Tivaxa:

KAdoeig Kevtpinéc tinéc ZuYvoTNnTa | ZYETLRN OVYVOTNTA
[ - ) Xi Vi fi
20 - 40
40 - 60
60 - 80
80 - 100
Zvvore |

Alvetalr emimAéov OTL TO TOOCOOTO TOV UoONTOV OV €YOoVV

BaBud amd 20 €wg 40 elval

(00 We TO WOOOOTO TWV UadNTWOYV

mov €xyovv BaBud amd 40 €wg 60, eV 0TO HUXALRO OLAYQOAUUC,

Twv dedouévmv,

enidoon and 80 €wc 100 eivar 108°.

N yYyovid TOUV RUVXALXOU TOUEd YyLOL TNV
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APXH 3H> >EAIAAX

6eh. 60 amo 124.

a. Naéef%sreéuflzfz:%, fy = i, fq = i

Movaoeg 10
B. Av o aplBudc tov nadntwyv tng tagng etvar 50, téte:

i. Noa uetagépetre ot0o 7TETEPAOLO oOOC TOV mivaxa
CVYVOTNTWYV ROl VO CVUTTANQWOETE OAO TO OTOLYE(OL TOV.

Movdaodeg 5

ii. Na poeite to =mANBoc tTwv uadBntwv mov €yovv
BaBuoAroyla tovAdyrtotov 60.

Movdaodeg 5

iii. Na fppeite 10 mo000T6 TWV MABONTOV mOV €YOVV
BaBuoroyia amd 50 €émwg 70.

Movdaodeg 5

O®OEMA 3o
‘Eotmw A nav B 0vUo evdeydueva evog derypatixvol ywoov
not p €vac moayuatinds apbudc ue 0 < p < 1. Alvetar 6TL oL
mbavétntee P(A), P(AUB) nat P(ANB) eivar avd dvo
OLOQPOPETIRESC UETAEVY TOVC %Ol OTOTEAOVV OTOLYELDL  TOV
ovvOAOU

{p - 17 P, P +17 p2> p3}
a. Na de(Eete 611 P(A) = p?, P(AUB) = p nat P(ANB) = p°.

Movadec 9
B. Na anodeiEete 611 P(B) = p’ - p? + p.

Movadec 8
v. Na arxodeiEete 61 P(B - A) > P(A - B).

Movadec 8
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APXH 4H> >EAIAAX

oeh. 61 amo 124.
OEMA 4o
‘Eyovue mepoLpod&elr ue ocvpouatomieyua uipxove 200 m pio
opBoydvia meEQLOY ARS  TIG

toelg mheveég T (Syfma 1). H -\

tétapTn mAevpd eilvalr Tolyoc.

‘Eotw 6TL TO W®OC TOV TOlYOV

mov Ba yonmowwomoinOel elvar X.
Zyquo 1

a. Noa oamodeiEete 611 10 eufaddv TNG TEQLOYNG TOV
neQLpoaEaue Olvetal amd Tov TUTO

f(x) = 100x--%x2.

Movdaodeg 6

B. Na Poeite T neyaAvtepn Ovvatny emigpdveio mov Oa
WTOQOVOUUE VO TEQLPOAEOVUE UE TO CVOUATOTAEYUO TWV
200 m.

Movaodeg 7

v. Na poeite ™ uéon twn tov apbudv £'(100), f'(101),
£/(102), £'(103) %au £'(104).

Movaodeg 5

0. "Eotw CV o ovvteheotiic petaforic twv aptbudv £'(100),
f/(101), £'(102), £'(103) nat f'(104) voar CV' 0 ovvteleoTNC
wetaPfoArng mov mpoxrUmTeL OTav avEnoovue xabBévav amo
Tovc oapLBuovc avtovg xatd c, OSmov c #=2. Na
vroAloyioete to c, €ToL Wwote va Loyvel CV' = 2CV.

Movadeg 7
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APXH SHY SEAIAAX

6eh. 62 amo 124.

OAHTI'IEY I'lA TOYY EEETAZOMENOYYX

2T0 TETEAOLO VA YEAYPETE UOVO TA TOORATAQARTLRA
(nuepounvia, g€etalduevo wadnua). Na nnv
avTLYQadyYete ta Oépata 0To TETEAOLO.

. Na yodyete TO OVOUATETWOVVUO OOC OTO TAVW UWEQOC TV
POTOAVILYQApwY, auéowc WwWohlg oac mapadoBouv.
Koptd aAAn onueioon 0ev eMLTOETETAL VO YOAYPETE.
Katd v amoywonon ocog va moapaddoete uali ue 1o
TETQAOLO RAL TO PWTOAVTIYQUPO.

No amavtioete 0T0 TETEAOLO 00¢ 0 0Aa ta Ofuata.

Na yodyete TIC ATAVINOELS OOS WOVO UWE UTAE | WOVO WUE
uwoavpo OTVvAS. Mmopeite VO YONOLUWOTOLNOETE WOAVPL
wovo yia ox€oLa, dLAYQAUUATO ROl TEVAREC.

KaBe oamdvinon emxmoTnuoOvirGd TEXUNQLOUEVY  ELVAL
ATOOERTN.

ArvGoxero eEétaonc: toelg (3) doeg uetd TN dravous Twv
POWTOAVTLYQAQMV.

Xpo6voc dvvatic amoywoenone: uetd t 10:00” mopwuiv.

KAAH EIITYXIA

TEAOX MHNYMATOX
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APXH 1H> >EAIAAX

6el. 63 oo 124.
AIIOAYTHPIEX EEETAXEIX I'" TAEHX
HMEPHXIIOY 'ENIKOY AYKEIOY
IMEMIITH 22 MAIOY 2008
EEETAZOMENO MAOGHMA:
MAOGHMATIKA KAI XTOIXEIA TATIETIKHX
T'ENIKHX ITAIAEIAX
YYNOAO EAIAQN: IIENTE (5)

O®OEMA 1o

A. Noa oamodetéete OtL 1 moapdywyoc 1Tng otabepng
ovvaotnone f(x)=c (dmov x mEoayuatTinoc aplbudc) eival
ton ue 0, dnhadn (¢)’= 0.

Movadec 8

B. Ilwc optletal 0o ovvtehAeoTng UWETAPOANS N OUVVTEAEOTNG
uetapfAntotntac proc netafAntic X, av x>0 not wdg, av

x<0;
Movadeg 7

I'' Noa yopaxtnoioete TS TEOTAOCELS TOV OxoAhovOovv,
Yol @ovTtag 0To TETPAOLO oac T AEEN Xmoto v AdOog
OlmAa 0TOo YOAUUO TOV ALVILOTOLYEL O ®AOe mpdTOON.

a. Av A, B eivar 0vUo evdeydueva evog OeLyUaTL®OU
YoV Q, té1e 0 TUMOC
P(AUB)=P(A)+P(B)-P(ANB)
toyver uodvov Otav Tt oamAd  evOeyOueEvVA  TOV
deLynatirov ywpov Q eival LoowiBava.

Movadeg 2

B. H d&uduecogc O evog Oelyuatoc v mTOQATNENOEWYV

ty, ty, .., ty €lval mavrote wio amo TLC TOAQATNOENOELS
avTéc.

Movadeg 2
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APXH 2H> >EAIAAX

6eh. 64 amo 124.

1
. Av x>0, t6te (Vx) =——.
Y =%

Movadeg 2

0. Av X, elval évag mpayuatirog apludg téte
lim nux = npx,.

X—)X0

Movadeg 2

€. 2T0 LOTOYQOUUO  OUYXVOTHTWV  ouadomolnuévmy
oedouévmyv, 1o eufadov Tov YwEiov TOV 0QileTal amd
TO TOAUYWVO OUYXVOTNTWYV %Ol TOV 0QLLOVTILO d&ova
elval (oo ue 1o uéyebog tov delynatoc.

Movadeg 2
O®OEMA 20
, . . x —1 )
Aivetar m ovvdetnon pe tomo  f(x)=——, OJmov X
e
TOAYUATIROC a.OLOudC.
X
da. Nao vroloyioete 10 0pLo lim ezf(x).
x—1 x° —1
Movaodeg 7
B. Na amodeiEete 611 e*f'(x)=2—x.
Movdaodeg 9
v. Na Boeite ta arpdtata tneg ovvdotnong f(x).
Movadeg 9
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APXH 3H> >EAIAAX

6ch. 65 oo 124.
OEMA 3o

[Na dvo timovg umoataouwv A xor B emdéxOnrav o0vo delynoto
ueyéfovg 5 1o naBéva. Ou yoovolr CoNg TwV UTATAQLDV Yo TO %AOE
delyuo (og hddec hpec) dlvovial 0ToV EXGUEVO TIVORAL

A B
20 26
26 32
24 19
22 20
18 23

a. Noa foeite Ty néon didorera TN Wog uroatopiag Tvmov A
®oL Qog prataptog tvmov B.

Movdadeg 5

B. Av wo umatapioc timov A otouyiCet 38 evpd xolL wo
uratapio tvmov B otouyiCer 40 evpw, moLov THmO umataQiog
ovugpéoer  vo ayopdoete; (Na  ortiohoyfoete v
o vInom oog).

Movdadeg 5

v. Noa Poelte tic Tvminéc amoxriioelg S, xat Sy tng OLAE%ELOC
CoMc Tov 0U0 TVTMV UTATAQLMDV.

Movaodeg 7

0. Noa Poeite morog amd Tovg dVo TVTOVS umataQldv A rat B
TOEOVOLATEL TN UEYAAVTEQN OUOLOYEVELOL ®MC TEOS TN
dLaprerta CwNg Tov.

Atvetol OTL \/1_23,3 .
Movdodec 8
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APXH 4H> >EAIAAX

6eh. 66 amo 124.

OEMA 4o

To 50% twv natoirwv urag TOANg dtafdlovv v epnueptda
a, evid to 30% twv xatoirwv dtafalovy tnv epnuepida o %ot
oev dLafdCovv tnv epnueptda P.

o. ITowa eivar n mBavotnta €vac ®vdToLroc TS MOANG, TOV
emAéyeTal Tuyaia, va un dtaPdler v epnuepida a 4 va
drafaler tnv epnueptda B;

Movaodeg 7

p. OpiCovue 1o evdeyyduevo
B: «€évag natowrog tng mOANg mwov emLAEYETOAL TLYOA(Q,
drafaler Tnv epnueptda Pr.

Na amodeiEete OTL

1 7
—<PB)<—.
5 ®) 10

Movdaodec 9

Y. Oewpovue TN CVVAQTNOTN UE TUVTO
f(x)=x> — % x* + P(B) x

OOV X TEAYUOTI®ROS aplBudc nal B to evoeyduevo mov
0QLOTNXE OTO TEONYOVUEVO QW TNUO. N amodelEete OTL
n ovvdptnon f(x) dev €yeL arpdtota.

Movdaodeg 9

OAHT'IEX
(yra Tovg eEetalonevovg)

1. 210 TeTPAdLO0 VO YOAYETE UOVO TO TOOAROATAUQOUTLAA
(nuepounvia, egetalouevo waonua). Na nnv
avTLyQdyete ta Oépata 0To TETEAOLO.

2. No YA YETE TO OVOUATETXDVUUO OOUC OTO TAV®DW UEQOC TWV
POTOAVILYQApwY, auéows WwWohlg oac mapadoBouv.
Koputd aAAn onueioon 0ev eMLTOETETAL VO YOAPETE.
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APXH SHY SEAIAAX

oeh. 67 amo 124.
Katd v amoyxywonon ocog va mopadwboete uoali ue to
TETOAOLO XL TO PWTOAVTIYOAQA.
No amavtioeTte 0T0 TETEAOLO 00c 0 0Aa ta Ouata.
Na yodyete TIC ATAVINOELS OOS WOVO UWE UTAE | WOVO WUE
uwoavpo OTvAS. Mmopeite VO YONOLUWOTOLNOETE WOAVPL
wovo yia ox€oLa, dLAYQAUUATO ROl TIVAREC.
KaBe oamdvinon emxmoTnuovirdgd TEXUNQLOUEVY  ELVAL
ATOOERTN.
Arvdonrera eEétaonc: toelg (3) doec uetd tn dravoun Twv
POWTOAVTLYQAQMV.
Xpo6voc dvvatic amoywoenone: uetd t 10:30” mowuiv.

KAAH EIITYXIA

TEAOX MHNYMATOX

TEAOX SH> AIIO 5 ZEAIAEX www.dinamiko.edu.gr




APXH 1H> >EAIAAX

cch. 68 amo 124.

EITANAAHIITIKEX AITIOAYTHPIEX EEETAXEIX
HMEPHXIOY I'ENIKOY AYKEIOY
ITAPAXKEYH 29 IOYNIOY 2007
EEETAZOMENO MAOHMA I'ENIKHYX ITATAEIAX:
MAOGHMATIKA KAI XTOIXEIA XTATIXTIKHX
XYNOAO XEAIAQN: TEXXEPIX(4)

O®EMA 1o

A. No amodeiEete O0TL M mwaPdywyoc TNS OVVAQTNONG
f(x)=x eiva f'(x)=1.

Movadec 8

B. a. Noa dwdoete Tov vhaoixd opLoud tne mbavotntag €vog
evOeYOUEVOU A ®AmoLov deLyuaTirov ywoeov Q.

Movadec 4
B. Noa Oodoete TIC 0QOUNTIKESC TIUEC TOV TAQUXATW
TBavoTHTWV:
i) P(Q) ii) P(9D).
Movadec 3

I'l. Na yapaxtnoicete TI RTEOTAOCELS TOV axoAovOouv,
YodQovtag oto TETEAOLO oa¢ TN AEEn Xwoto 1 Adfog
OlmAa oOtO0 Yyoaduua, TO OmOLO QAVTLOTOLYXEL OTNV xdbO¢
TOOTAO.

o. 'Eotw JOtL €yovue €va Oelyuwa ueyébovg v nat 0Tl
f;, 1=1,2,..,%, €{val oL AVTIOTOLYEC OYXETLREC OVYVOTNTES
TOV TIUWOV X; utag uetapPintie. Av ao; €ivatr 1o
avtiotolyo TOEo &vOc %UXALXOU  TUNUOTOSC OTO
2URALRO dLaypauuo CVYVoTHTMV, TOTE:

a;=360-f;, yia 1=1,2,..,%.
Movadeg 2

TEAOX 1H> SEAIAAY
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ogh. 69 amé 124.
B. Av f, g eival rca@,ayu)yfomsg ovvoptioec ue g(x)+0,
f(x)} ) g(x)-f(x)-g (%)
g(x) (2(0)’ |

TOTE LOYVEL {

Movadeg 2

v. Av uita ovvdptnon f eivalr moapaywytowuwn oe €va
dtdotnua A xnat woyver f(x)>0 yio %ndbe comwTEQLHO
onueto tov A, téte N f eival yvnotmec avEovoa oto A.

Movadeg 2

I'2. Nao yodyete 010 TETPAdLO 0OOC TLE TOAQAYDYOVS TWV
TAQUXATW CVVUQTNOEMV:

fi(x)=¢e* OOV X TOAYUATLROC.
1
fr(x)=— omov x#0.
X
f3(x)=nux OOV X TOAYUOTLROC.
f.(x)=c OOV X TEAYUOTL®OC ®aL ¢ oTabeQd.
Movadec 4
OEMA 20
AlveTaL 1 ovvaeTNnom ue TUITO f(X)=%-
X“—x+1

a. Na foebel To medlo opLopov tne ovvaptnone f(x).
Movadeg 5
B. Noa PoeBel to dpto lim f(x).

x——1
Movadec 8

v. Na ggetaofel 1 ovvdptnon f(x) wg TEog T povotovio %ot
va foeBovv Ta axnpdtaTtd TNC.

Movdaodeg 12
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cch. 70 amo 124.

®EMA 3o
‘Eotw o derypatinog yweog Q = {1, 2, 3, 4, 5}. Oewpovue 10
evoeyoueva A, B tov Q ta omoia opifovtatr wg eEnc:

A ={xeQ/0< n(x-1) < Ln3},

B = {xeQ/ (x*-5x)-(x-1)= —6-(x—1)}.

a. Na foebovv ov mbavdtntec P(A-B) nar P(BUA).
Movadec 8

B. AvP(A)-= i, vo. vIToAoYLoTel 1 mBavétyta P(A"UB).
Movaodeg 7

v. Av P(A) = % notw P(B-A) = é, va Bogbel n urpdTEON RUL 1

ueyaAvteon Ty e mbavétytog P(X), dmov X elval evoeySuevo
tov Q2 1€t010 WoTE AUX=B.
Movaodec 10

OEMA 4o
‘Eotw X, X5, ..., X1 €va OE(yUO UE TAQATNONOELS:

7,5 a, 2,5 pB,8,6,v,5, 3,
omov o, P, v euvowxol apbuol ue a<Pf<y. Aivetar otL n uéon
Tiun, N OLAUECOC ®oL TO €VQOC TWV TOUQATNONOEMV ELVAL
X =6,8=06uxalR =8 avtiotoya.

a. Na BoeBovUv oL Tiuéc Twv a, B, v, €TO0L OOTE VO LOYVEL
o+ B2+ yi=217.

Movadec 8

B. INo tic twéc tTov o, P, vy, mov PeéOnxav oTo

mToonyovuevo epwTnua, vo OewyxBel OTL M TUVTLXRY

( , . , 158
améxAlon Tov Oelyuatog e€ival (oM WE Sy= I nOL VO
egetaoBel av 1o delyua eival onoLoyevec.

Movadec 8
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‘EoTt®w yi, Y2, «.,¥11 Ol TOQATNENOELS TOV TEOXVTTOVYV
oV TOAMAATAAOLACOVUE TLC X1,X9, .., X1 €L ULa OETILXN
otafepd c¢; 2oL ot ovvéyxewa mweooBéoovue uLo
ot1afepd co. AV y=9 xat Sy=28y, vo. foeB0UV oL TIuég TV
0Ta0eQWYV ¢y nAL Cy.

Movaodeg 9
OAHTI'IEY (yio tovg eEetalopnevovg)

2TO TETPAOLO VO YOAWPETE LOVO TO TEOXUATAQRTLXRA
(muepounvia, xatevbvvon, eEetalduevo nabnua). No nunv
aviLyedyete ta Béuata oto TETEALO.

Nao yoQYeTe TO OVOUATETWOVUUO OOC OTO TAVW UEQOC TWV
PWTOAVTLYQAQmYV, auéomsc uohic oac mapadobovyv. Kaurd
GAAM ONUEIWOTN OEV EMLTOEMETAL VO YOOWETE.

Katéd tv amoywonon oag va tapadWoeTe woll ue to
TETOAOLO KOL TA PWTOAVIIYQQ@O.

No amaviioete 010 TeT0dOL0 0ag 0 6Aa Ta OEuata.

No yoayeTe TIC ATAVTNOELS OOC WOVO WE WITAE | UOVO UE
wavpo 0TVAS. Mmopelte va ¥ONOLLOTOLNOETE WOAVPL uWévo
vio oxEOLA, SLOAYQAUUOTO ROl TIVAREC.

KaBe amdvtnon exiotnuovixd texunolouévn eivat
ATOOERT).

Avdorero eE€taonc: toelg (3) doec uetd ™ dravounq TV
POTOAVTLYQAPMV.

Xpo6vog duvatig amoywonong: uetd tn 10:00” mowuvy.

KAAH EHNITYXIA

TEAOX MHNYMATOX
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cel. 72 amo 124.
AIIOAYTHPIEX EEETAXEIX I'" TAEHX

HMEPHXIIOY 'ENIKOY AYKEIOY

TPITH 22 MAIOY 2007

EEETAZOMENO MAOGHMA:
MAOGHMATIKA KAI XTOIXEIA STATIETIKHX

T'ENIKHX ITAIAEIAX

YYNOAO EAIAQN: TEXXZEPIX (4)

O®OEMA 1o

A. Noa amodeiyBel 611 yia OvVo evdoeyxyoueva A »oair B evdg
derynatinoy ywoov Q toyxver P(A-B) = P(A) - P(ANB).

Movadec 8

B.a. II6te pia ovvédptnon f Aéue 6t1L elval mapaymyioun oto
onueito xy Tov mediov opLouoy TNC;
Movadec 4

B. Na dddoete Tov opLond tne dtapnéoov (8) evdg delynatoc
V TOQATNONOEMYV, OTAV O V €ival APTLOC apLBudc.
Movadec 3

I'l. Na yopaxtnoioete TIC JTOOTAOEL MOV axoAovOouv,
yod@ovtag oto TETPAOLO0 oac SimAoa OTO Yoduuo TOU
avTiotolxel o€ xdabe mpotaon tn AEEn Xeoto, av n
Tootaon givar owotn, 1 AdBog, av n mootaon eival
AavOaouévn.

g. 2TV TWEQIMTWON TWV TOOOTLXRMOV UETUPANTOV, OL
aBporotinéc oyetinéc ovyvotnteg F; engopdlovv To
TOCO0O0TO TWV TAQATNONOEMY OV €lval WIXQOTEQES N

(0€C TNC TUNC X;.
Movadeg 2
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oeh. 73 a6 124.
B. Av f, g elvar 6Vo mapaywylolwec ovvapTNOELS, TOTE
Yo TNV Todywyo Tt oUVvOeETNS OVVAQTNONG LOYVEL:
(F(g(x))) =f" (9(x))-g'(x).
Movadeg 2
Y. Av yia pra ovvdpotnon f woyvouvv f(x9)=0 vyia
xoe(a,p), f(x)>0 oto (a,xg) »or f(x)<0 oto (x¢,p),
16te N f mapovoldler oto drdotmua (a,p) yia x=Xxg
eAAYLOTO.

Movadeg 2

I'2. Noa yodyete o0to TETEAOLO 0OOC TIC TWAQAYWDYOUS TWV
TAQARATW CVVUQTNOEMV:

f(x)=x", OOV V PUOLROC
f,(x)=Inx , omov x>0
f1(x)=+/X , omov x>0
f.(x)=0vVX, OOV X TOAYUATLROC.
Movadec 4
O®OEMA 20

Aivetar n  ovvdptnon we tvmo f(x)=xe*+3, Jmov X
TOAYUATILROC apLBudc.
a. No amodeiEete 611 f(x)=f(x)+e*-3

Movaodec 10

_ f'(x)—e*
B. Na foebel to IIm% :
x—0 X=X

Movadeg 15
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och. 74 om6 124.
OEMA 3o

‘Eotw o detyuatindg Ywpog Q:{—l, 0,1 2 3 4, 5} YLo TOV
omoio LOYVEL P(-1)=P(0)=P(1)=P(2)=2P(3)=2P(4)=2P(5).
OpiCovue ta evdeydueva tov Q:

A=11 3, x2-x=3 |, B={2 x+1, 2% +x-2, —2x+1 |
OOV X €Vog mTEaAyUaTI®OS apliudc.

o. Na PoeBovv oL mBavoTNTESC TOV ATADYV EVOEYOUEVOYV TOV

Movaodeg 7

B. Noa PoeBel n povadixnq TIwR TOV X YL TNV ool LoyUeL
AnB={-1,3}.

Movdaodec 8
v. T x=-1 va deryBel ot

HM:%,Hm:i,PMmm:%

®aL 0T OVVEYELD VO vitoloyloTtoUv oL mibavitntee P(A-B) xat
P(AUB).

Movaodeg 10

OEMA 4o
Oewpovue dvVo delynata A ol B ue mapatnonoeig:

A8|:'YMOL A: 12, 18, ts, ty, ..., trs
AECYMOL B: 16, 14, ts, g, ..., tys.

ATveTOL OTL ta+ty+ ... +t,5=345.

a. Na amooelEete 611 oL pué€oeg Tuég X noL Xg TV dvOo
deryndtov A not B avilotorya elval Xy = Xg=15.

Movaodeg 7
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Av S,ZA\ elvalr n orarvuavon tTov delynatog A %ol S% elval

n  dwaxrdvuavon Tov deiyuatoc B, va amodelEete

2 =2 16
OTL SA— Sp = — .
AT BT op
Movdaodec 8

Av o ovvterleoTe ueTAPOANS Tov delynatoc A elval (oog
1
WE CVA:E , va Boeite tov ovvreleot) uetaPoing CVy

tov Oelynatog B.
Movdaodeg 10

OAHT'IEX
(yra Tovg eEeTalopevovg)
2T0 TETEAOLO VO YOAWETE UOVO TO TOOXUTUQXUTLXA
(nuegounvio, =natevbvvon, eEetoaldusvo pabnua). Na
unv avitypdyete to Béuata 0to TETPAdLO.

. Na yodyete 1O OVOUATETWOVVIUO OOC OTO TAVW WEQOC TV

OTOAVILYQd Y, auéomc UoOAc oac mapadoBovv.
Kopid dAATN oNUELOON OEV EMLTOERETAL VO YOAWETE.
Katd tgv amoyxwonom ocog va mopadwoete uoali ue 1o
TETOAOLO XL TO PWTOAVTIYOAQA.

No amavtioete 010 TETEAOL0 005 0 6Aa ta Oéuata.

Na YoaYeTE TIC AMAVINOELS OUC WOVO UE UWTAE | WOVO UE
uwoavpo oOTvAS. Mmopeite vo YONOLUWOTOLNOETE WOAVPL
wovo yia ox€oLa, dLAYQAUUOTO ROl TIVAREC.

KabBe oamavinon emotnuovird texumolouévn elval
ATOOERTN.

ArvGoxero eEétaonc: toelg (3) doec uetd TN dravoun Twv
POTOAVTLYQAQMV.

Xpo6voc dvvatic amoywoenone: uetd t 10:30” mopwiv.

KAAH EHNITYXIA

TEAOX MHNYMATOX
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6eh. 76 amo 124.

EITANAAHIITIKEX AITIOAYTHPIEX EEETAXEIX
HMEPHXIOY ENTAIOY AYKEIOY
AEYTEPA 3 I0OYAIOY 2006
EEETAZOMENO MAOHMA I'ENIKHYX ITATAEIAX:
MAOGHMATIKA KAI XTOIXEIA XTATIXTIKHX
YXYNOAO XEAIAQN: TEXXEPIX (4)

O®EMA 1o

A. T dV0 ovumAnoouatind evoexyoueva A xar A” €vog
derynatirov ywpov Q, va amodelEete dTL LOYVEL:

P(A”) =1-P(A).
Movadec 9
B.1 II6te uia ovvédotnon f ue medio opronoV to A Aéue OTL
TAQOVOLATEL TOTING ELAYLOTO OTO XgEA;
Movadec 3

B.2 II6te nita ovvdptnon f Aéyetar yvnoiwg novétovn oe €va,
oaotTnua A;

Movadec 3

I'' Na yaoaxtnoicete TIS TOOTACEL MOV axoAovOouv,
YOAQoVTAS OTO TETPAOLO oac 1N AEEN Xwoto 17 AdOog
OimAa oTO YyoQuuco, TO OMOLO QAVTLOTOLYE[ OTYN OWOTH
amxavTnon.

o. To evoeyduevo AUB mpayuatomoieital, otav
TOAYWATOTOLE(TAL TO TOAV €va amd to evOEOUEVQ
A nou B.

Movadeg 2
B. Toyver: (ovvx) =nux, yio ®d0e x € R.
Movadeg 2
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och. 77 amo 124.

v. O ovvteheotiic uetafintétnroc  (CV)  eival
aveEAQTNTOC amd TIC UOvAdeEc UETEMONS TOV
oedouévmv.

Movadeg 2
0. H diuaueoocg O eival uétpo oLaomopdc.
Movadeg 2
e. 'Eotw A, B evoeydueva evog detynatinoy ywoov L.
Tote woyver: P(D) < P(AUB) < P(Q).
Movadeg 2

OEMA 20

Aivetar n ovvdotnon f(x) = e*(ax’+px+9) pne a,pelR. Av n
EQPATTOUEVT) TNS YOUPLUNEC TAUQAOTAONS TNS ovvdptnone f oto
onueio tne A(2,e?) elvar y = —e*x+3e?%, tdte:

a. Noa amodeiEete 011 a=1 nal f=-6.
Movaodeg 12

B. Noa Poeite Ta arpdtata tne ovvaptnong f.
Movadeg 13

®EMA 3o

Mia Todamela yoomyet OLagpdéowv TUTWYV OAVELD OTOVC
mehdtec NG, Av  emiheyel tuvyoaio uEdmOoLOoC WEAATNG 1
miBavétnta va  €xel mAQEL UOVO OTEYAOTLXO N uovo
roatavoalmtirnd odaveto eivar 0,7 evod m mbBavéinta va unv
€xelL mapeL xavéva amxd ta dvo mponyovueva davera eival 0,1.

a. Na Poeite Tnv mBavétnta €vac TeEAATNS Vo €YEL TAQEL
%ot Ta Ovo odavela. Na eEetdoete av ta evOoeyoueva «EYEL
TAQEL OTEYAOTLRO» KOl «EYEL TAQEL HATAVAAMTIRO» ELVALL
acvuPifaota.

Movaodeg 15

TEAOX 2H> EAIAAY www.dinamiko.edu.gr




APXH 3H> >EAIAAX

cch. 78 amo 124.

B. Av emmwAéov mn mBavétnta va  €xEL mAQEL  WOVO
oteyaotTixd eivar 0,6 va Poelte TIc mMOAVOTNTES TWV
EVOEYOUEVV:

i. «€yeL mAEEL RATAVAADMTING».
ii. «€yxeL mGEeL UOVO RATAVAAMTILRO».
Movadeg 10

OEMA 40
Ot amovoiec Twv padntov te I'” 1d&ng evoc Eviatov Avxetov
®atd tovg unvec lavovdpio - Pefpovdpiro - Mdptio -

Ampthio tov €tovg 2006 €yovv ouadomoinBel oe TECOOEQLC
®Adoelg toov TWAATOUC %Ol EUPAVICOVTIOL OTOV TOUQUARATM
TIVAXRO OXETIXWDY OVYVOTNTWV:

Amovoieg padntov | Kévrtpo zrAdong | Xyetirn ovyvornta
X; f;
[...-...) 0,1
[...-7)
[...-...) 0,3
[...-...) 10
>VvoALO [T 1

Av gmmAéov divetal dtL M oxetiny ovyvetnto tne 4" whdong
f, elvar dimhdora Tng oxeTIrNg ovyvotntag te 2" wAhdong f,,
TOTE:

a. Na amodei&ete 0TL TO TAATOC ¢ TOWV XAACE®YV LOOVTOL
ue 2.

Movadec 10

B. No uetoa@€QeTe TOV TAQATAVED TIVAXO OYETLRWV
OUYVOTNTWYV OTO TETEAOLO OOC KOL VO OVUTANQWDOETE

T XEVA, POV VTOAOYIOETE TIC AVTIOTOLYES TLUEC.
Movadec 5
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6eh. 79 amo 124.

v. i. Na foeite Ty uéon Tun X.
Movadec 4
ii. Na foeite Tnv Tvminy amdxAion S.
Movdaodeg 6

) _

2

) ) 1| x (ZXiVi)

Alvetol o témog: 7=~ Y x’v, - =L |,
v|iz v

OAHTIEY (yia tovg eEetalonévovg)

1. Xto tetddLo vo yodyPete n6vo to TEORATAEXRTIXG (nueoounvia,
egetalouevo udbnua). Na unv ovitiyodyere to Oéuata oTo
1e10d0L0. Ta oyfuato mov B YONOLWOTOLNOETE OTO TETEADLO
UWTOQELTE VO TA OYEOLACETE ®AUL WE WOAVPL.

2. Noa ypdyete TO OVOUATEXAOVVUO O0C OTO TAVH UEQOSC TV

PWTOAVTILYQAP®WV, auéomwc WoALg cag mapadobovv. Kaurd diin

onNUeEtOon dev emMTOERETAL VO YOAWETE.

Koatd t™v amoxwonon oag vo maoadwoete wall ue to 1eTddLo

2OL TA QOTOAVTIYQAQOA.

No amravINoeTe 0T0 TETEAOL0 0ag o€ 6Aa ta Oéuata.

Kabe amdvinon emiotnuovird texunotonévn eivatr amodernt.

5. Awdorera eEétaoncg toelc (3) doegc uerd Tt davounqy TOV
PWTOAVTLYQAQPMV.

6. Xpodvog dvvatig amoywonong: uetd t 10.30" mowiv.

et

&

KAAH EIITYXIA

TEAOX MHNYMATOX
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AIIOAYTHPIEX EEETAXEIX I'" TAEHX
HMEPHXIIOY ENIAIOY AYKEIOY
IMEMIITH 25 MAIOY 2006
EEETAZOMENO MAOGHMA:
MAOGHMATIKA KAI XTOIXEIA STATIETIKHX
T'ENIKHX ITAIAEIAX
YYNOAO EAIAQN: TEXXZEPIX (4)

cch. 80 amo 124.

O®OEMA 1o

A. H ovvdotnmon f eivar mapaywyiowwn oto R nor ¢
moayuwotivy otabepd. Na amodeiEete OtL

(cf(x))=cf(x), xeR.
Movadec 10

B.a. [I6te 0vVo evoeydueva A,B evoc derynatinov ywpov L
Aéyovtal aovuPifaocta;
Movadec 3

B. IIote uia ovvdptnon f ue medio opionov A A€yetal
OVVEYNG;
Movadec 4

I. Na yapaxtnoioete TIC TEOTAOELL TOV axolovOovv,
YOA@OVTOC 0TO TETEAOLS ocag TN AEEN Xwoto v AdBog
OlmAa 01O YyoAuuo TOV AVILOTOLYEL 0 nABe mpdTaON.

o. Mia ovvdptnon f ue medio opronov to A, Aéue OTL
TOEOVOLAleL TOTLRG NEYLOTO 0TO XoeA, dtav f(x)< f(x)

Yo ®AOE X O€ (Lo TEQLOYN TOV X,
Movadeg 2

B. Av 10 evdeyduevo A’, OVUTANQOOUATIXG  TOV
evoeyouévov A, moaAYUOATOTWOLE(TAL, TOTE  OEV
TOAYUOATOTOLE(TAL TO A.

Movadeg 2
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cch. 81 amo 124.

v. Tia naBe x£0 1oyveL: (lj =—.
X

Movadeg 2

0. To =xnuxAwxd Oilaypoauuo YONOLWOTOLELTAL YLOL TT
YOOPLXEY TAQAOTAON WOVO TOOOTIXWY dedouévmy.
Movadeg 2

OEMA 20

Katd tv apyn t™g oxolrng xoovidg ot 50 nabntéc tneg toitng
TAENS evoc Avxelov pwTtNONrav OYeTIRA We TOV QLOUO TLV
BpAlwv mov drdfacav tnv meQiodo Twv BeQLvddV OLOAROTMV.
Z0U@mMVO UE T amaVINOoELS mov d6Onxrav, ocvvtdyxdnze o
TAQUXATW TIVARAC:

ApBudc BipAtov | ApBudéc MadBntwv
X Vi
0 oa+4
1 50+8
2 4q,
3 a-1
4 20,
ZUvolo 50

0. Na vroloyioete TV TIUq TOV Q.
Movdaodeg 3
Ztn ovvéyeta vo PoelTe:
B. Tn uéon tunq tov apLbuov Twv BLpAimwv Tov ddfaocav ot
uwoOnrtéc.
Movaodeg 7
v. Tn ditdueco tov aplBuov twv PpAiov mov dLdfacav ot
woaOnrtéc.
Movaodeg 7
0. Tnyv mBavotnta €vagc uadntic va €xer  dwaPfdoet
TovAdyLoto 3 PLpAta.
Movdaodec 8
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cch. 82 amo 124.

®OEMA 3o

Se éva x00eVTIXSG Sutho oUMHETEXOVUV X aydota xot (x+4)3
noplToLa.

a. Emiéyovue tuyaia €va dtono, yLo VO EXTQOOMITNOEL TOV
Ooutho o€ ura exONAwon. Nao expodoete wc oVVAQTNON TOV
X TNV mlavétnta va emiheyel ayoQlt.

Movadeg 7

1
B. Av n mbavotnta va emileyel ayopl eival (on ue 9 nOL O

outhoc mepLAaupfdaver Arydtepa amd 100 wéAn, va Poeite
TOV 0aplBud TV UeAOdV TOUV OUtAov, %abwc raL TNV
miBavéTnTa va emAeyel voQiTOL.

Movdaodec 8

v. Ilowoc mpé€mer va elvar o aplBudc TwV ayoQL®V TOV
outAov, @ote v ueyLotomoleitar M wmBavoTyTA VO
EMIAEYEL ayOpL, ®oL moLo e€lvar N Tunq T mbavoTntog
AV TNC;

Movaodeg 10

O®OEMA 4o

‘Ectw 1 ovvdotnon f(x) = -2x%+kx + 4\/; + 10, x=0.

og. Av mn epamtouévn TNS YOOUPLXNC TWAQAOCTAONG TNC
ovvdptnong oto onueio A(1,f(1)) elvar moapdAAnAn otov

aEova x'x, va amodeiEete OtL k=2 noar va Poeite TV
eElomwon tne.

Movdaodeg 5

B. Mia tvyata petafAnty X axoAovBel Tnv xrAvVOVIXY

ratavouwqy ue uéon tunq x =f(1) xnar tvmrf amérAiom
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och. 83 amo 124.
21°(4) . .
s=—1—3. Toelg MOQATNENOELS, CAVILTQOOMITEVTLROU
detyuatog ueyéovg v, etvatl utrpotepegc | toeg tTov 8.
(i) Na Poelte T0ov 0plBud TV TWOQATNENOEWY TOV
Boloxovtatl oto drdotnua (10,16).
Movaodec 10
(ii)Na amodeiEete OTL TO delyud TOV TAQATNONOEMY TOV
ExelL AnOel, dev elval opotoyevéc.
No Poelte ™ uwrpdtepn Tiun TS moapauétpov a>0,
mov mEEmeL vo mpootelel o ndBe uia amd TIC
TOONYOUVUEVEC TOAQATNONOELS, DOTE TO OElyuo TWOV
VEOV TOQOATNONCEMV VO ELVAL OUOLOYEVEC.
Movaodeg 10

OAHTIEY (yio tovg eEetalonuévovg)

2T0 TeTRAOL0 VO YOAYPETE UOVO TO TOORATAQATLRA
(nueoounvia, geEetalduevo uadnua). Na TR | RY
aviirypdyete 1o Bépata oto teETPddLo. Ta oxynuata Tov
o YOMOLWOTOLNOETE OTO TETPAOLO UTOQE(TE VA TO
OYXEOLAOETE ®OL UWE LWOAVPL.

Na YyoaPYeTE TO OVOUATETDOVVUO OO OTO TAVW UWEQOC TWV
poToavTLYodpmy, auéomwc uoAlgc ocoag wapadoBovv.
Kopitd dAln onueioon 0ev eMTOETETAL VO YOAWETE.
Katd tqv amoydonom ocag va moapadwoete Wall ue to
TETOAOLO RUL TA YWTOAVTIYQUPO.

No amraviioete 010 1100010 0ag 0 6Aa Ta BEuata.
KaBe oamdvinon emwotnuovixd texunolouévny eivat
amodenT.

Arvdonrera eEétaong toelg (3) dpoeg uetd tn dSravoun Twv
PWTOAVILYQAPWYV.

Xpovog duvatng amoywenong: uetd t 10.30" mowivy.

KAAH EHNITYXIA

TEAOX MHNYMATOX
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APXH 1H> >EAIAAX

cch. 84 amo 124.

EITANAAHIITIKEX AITIOAYTHPIEX EEETAXEIX
I'" TAEHX HMEPHXIOY ENIAIOY AYKEIOY
ITAPAXKEYH 8 IOYAIOY 2005
EEETAZOMENO MAOHMA I'ENIKHYX ITATAEIAX:
MAOHMATIKA KAI XTOIXEIA XTATIXTIKHX
LYNOAO XEAITAQN: TEXXEPIX (4)

O®EMA 1o

A.1. Ailvovtar ot ovvoaptiosic  F(x), f(x) »nav g(x) pe
F(x) = f(x)+g(x).
Av oL ovvaptnoelc f, g eivar mapaywylowwee, va
amodelEete 6TL: F'(x) = f'(x) + g'(x).

Movadec 9
A.2. Tlwdc opiCetar 0 ovvtereoTNG LWETAPBOANS | OVVTEAEOTNG

LETAPANTOTNTOC HLag UETAPANTAC X, av X > 0 ol wHc,

av X <0;

Movadec 4

B. Na yxoapaxtnoioete T JTOOTAOELS mTOV axoAovBouv,
YoA@ovTag OTo TETPAOLO oa¢ TN AéEn Xwoto 1 AdOog
OimAa OTO YOoAuUC, TO OJTOLO CQVTLOTOLXEL OTN OWOTNH
aTavInon.

a. Ov mworotinéc puetaPintéc dtaxpivovrar oe SLARQLTES
1Ol OVVEYELC.

Movadeg 2
B. Av x>0, tdte (Inx)’= 1 :
X

Movadeg 2

TEAOX 1H> SEAIAAY
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cch. 85 amo 124.

Y. ZTNV TEQIMTWON TWV TOCOTIXOV UETAPANTAOV, €XTOC
amd tig ovyvoTnteg f; oL vi, XONOLULOTOLOVVTAL XL Ol
Aeyouevec aBpolotinéc ovyvotntec F;, N;.

Movadeg 2

0. Ta omovdaildtepa ué€tpa OLAOTMOQAS ULag UETAPANTYC
elvalr n wé€on Tiunq rot n OLAUECOC AV TNC.

Movadeg 2

€. Av yia ta evoegyoueva A, B tov (diov derynatirnov
ydpoov Q ue woomiBava amAd evOEYOUEVA LOYVEL
P(A)=P(B), td1e eivor mavtote N(A)=N(B).

Movadeg 2

ot. H évvoila tng ovvéyelag prag ovvapTnong avagépeTal
wovo o€ onueta Tov mediov opLonoV TNC.

Movadeg 2

OEMA 20

Aivetar n ovvdotnon f(x) = alnx - Bx* we o,p € R.

a. Noa Poeite To medio opronoV tne f.
Movadec 3

B. Noa Poeite tnv mapdywyo tng f yia »dBe x, to omolo
AVN%XEL OTO TED(O 0pLOUOU TNC.

Movadeg 5

v. Noa Poeite ta o %ol P, OOTE N EPATTOUEVN] OTO ONUE(O
A(1,1) tnc yoaguric mopdotaonc tne f va eival y=3x-2 .

Movadeg 10

d. Noa poeite to lim (f(x)-x?).
X—2

Movadeg 7
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och. 86 amo 124.
®EMA 3o
2Z€ ULo vovovirn q mepimov ravoviry ratavoun to 50% twv
TaQaTNENoEWY €xovv Tiunq weyailvtepn tov 20. To 81,5% twv

nopotnofocmv foloretal oto didotnua (16,22) ue droa Tov
OLOLOTAUATOC  YOQOAXRTNOLOTIXEC  TLUEC  TNC  XOAVOVIUNC

ratavouns Xx=£3s, x£2s, X £s,X.

a. Noa OeiEete 011 x=20%01s=2.
Movaodeg 10

£
B. No Poeite 10 aeN, av eivar yvwotd OtL 010 dLdoTHUO

(X—a-s,X+0-s) avirel o 95% mep(mov TmV TOUQATNOHOEMV.
Movadeg 5

v. Av R eivalr 10 €Upoc tng ratavouns, va Peeite tnv

R _
gehdyLotn Tiufq tng ovvdoptnone f(x)= Exz —(X+4)x+9s.
Movadeg 10

OEMA 4o

‘Eotw o dewyuatinde ywpooc Q={1,2,3,4,5,6,7,8,9,10} ue
toomiBava amAd evoeydueva. I'ia ta evdeydueva A, B, T tov
Q elvat

AUB=1{1,2,3456}, ANB={1,3,4, A-B={2,6} xat
r:{xeg/“l 22}.

x-1

a. Na vrohoyioete Tic mbavdtnteg P(A), P(B), P(T).
Movadec 9

B. Na Poeite tnv mbBavétnta, dote va moayuatoxoltnOel to
B nau 6yL to T

Movadec 3
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cch. 87 amo 124.

Noa Poelte tnv mBavotnta, OOTE Vo TEAYWATOTOLNOELD
uovo €va amd ta B nau I

Movadec 3

Av s? glvar 1 dwoxvdpavon Twv Twdv A, 3\, 5A, dmov AeQ, va
Boelte TNV mBavVETNTA TOV eVdeYSuevov A = {AeQ /s*> 24}

Movadec 10

OAHI'TIEY I'TA TOYYX YIIOWH®IOYX

2TO0 TETPAOLO0 VO YOAYETE UOVO TO TOOXRATAUQUTLRA
(nuepounvia, eEetaldouevo naddnua). Na unv averyodete
To Oépata 01O TETPAOLO.

Na Y04 WYeTe TO OVOUATEXDOVUUO OUC OTO EXAVD UWEQOC TWV
PWTOAVILYQAQ®WY auéowc UoAlg oac mapadoBovv. Aegv
EMTOERETOL VO YOAWETE ®vOULA AAAN ONUELOOT).

Katd tnv amoywonom ocog va moapadwoete walli ue to
TETPAdLO %Ol TA PWTOAVI(iYyoOQO.

No amavtnoete 010 TETEAOL0 00¢g 0 Sha Ta Béuata.
KaBe oamavinon emotnuovixd texunolouévn  eival
amodexT.

Arvdorero eE€taong toelc (3) dpec netd tn dtovoun TmV
POTOAVTLYQAPMV.

Xpovog dvvathic amoymwonong: uetd tv 10.30° ropwiv.

KAAH EHNITYXIA

TEAOX MHNYMATOX
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APXH 1H> >EAIAAX

| r’ TAEﬁSM 88 amo 124.

AITOAYTHPIEX EEETAXEIX I'" TAEHX

HMEPHXIOY ENIAIOY AYKEIOY
TABBATO 28 MAIOY 2005
EEETAZOMENO MAGHMA:
MAGHMATIKA KAI ETOIXEIA ETATIETIKHX
TENIKHX ITAIAEIAX
LYNOAO ZEAIAQN: TEXXIEPIX (4)

O®EMA 1o

A. Noa amodeydel 6t yia dOvo evdeydueva A nat B evéc derynatinov
YOOV Q LoyVEL:
P(AUB) = P(A) + P(B) - P(ANB).

Movadeg 10

B. «a. ITowegc uetaPAntéc AEYovial TOOOTIXEC;
Movaodeg 3

B. [Iote pnra moootTixnq UETAPANTN ovoudletal OLOAXQLTY
1L TOTE OVVEYNGC;
Movaoeg 4

I'' Noa yopaxtnoioete T RTEOTACELS TOV axohovBovv,
vyohovtag 010 TETPAOLO oac Tn AEEN Xmwoto M AdOog
OlmAa 0tOo YOAUUD TOV ALVILOTOLYEL O ®AOe mpdTOON.

a. Av pwa ovvdotnon f elvar mapaywylowwn oe €va
drdotnua A xou toyver f(x)>0 yio »a0e comTeEQLRE
onueto tov A, 1ote N f eivar yvnoiwg avEovoa oto

A.
Movadeg 2
B logte (&jf ()80 + ) &' ()
g(x) (2(x))*
orov f, g mapaywyloues cuvaQTHOELS.
Movadeg 2
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APXH 2H> >EAIAAX

| r’ TAEﬁSM 89 amo 124.

H drarvpavon etvar uétpo B€onc.

Av AcB t61e P(A) > P(B).

OEMA 20

2e éva dwaywviono Brohoyiag m PfaBuoroylio twv padntov
dlvetal amd To TAQARATW LOTOYQOUUUD CUYXVOTNTWV V; !

N

25
20
15
10
5

Movadeg 2

Movadeg 2

>

o

8

12 16

20 BaBOuog

a. No nueta@épete 010 TETEAOLO OOC %OL VO CUUTANQWOETE

TOV TOQUXATW TivVaRrA:

B. Na Poeite tn uéon tiun tov fadbuwdv.

v. I16coL nadntéc €xyovv Pabud uéyor xar 10;

TEAOX 2HY SEAIAAZ

KAdoerg | Kévigo | Zvyvotnta TyeTinn ABgoroTi®n AOQ. oyeT.
Ba®/yiag | »Adong gvyvotnta gvyvotnta gvyvotnta
[ ) X Vi fi Ni Fi

[4, 8)
(8,12)
[12,16)
[16,20)
=évoro | I

Movaodeg 11

Movadec 8

Movadec 6

www.dinamiko.edu.gr
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r’ TAEﬁSM 90 amo 124.

®EMA 3o

‘Eotm A, B evdeydueva evioc detynatirov yweov Q, )oTE Vo
LOYVOoVV:
(i) H mBavétnta va moayuatomoinbel €va tovAdyltotov amd

ta evoeyoueva A, B eival % :
(ii) O mBavdétntec P(B) , P(ANB) d¢ev eival (0gc ®aL avijxouv 010
oUvVoAO Xz{k,%,%} , OTTOV
k= lim X1

X—5 x2—6x+5
ao. Na foebBel to k.
Movdaodeg 5
B. Na Boebovv ta P(B), P(ANB) %ol vo oTlOAOYHOETE TNV
aTAVINON OOC.

Movadec 8
v. Na foeBovv oL mbBavdotntec:
(1) Na mpayuatomoinOel to evdeyouevo A.
Movdaodeg 6
(2) Na mpayuatomoinBel uovo to evdeyouevo A.
Movdaodeg 6

OEMA 4o

1
Atvetor 1 ovvaptnon f ue tomo f(x) =— ,xe(0,+0) .
X

a. Noa PoeBel n eElomwon tnc epanmtouévne tng f oto onueio
A(1,1).
Movadeg 7

B. And tvyaio onueio M(x, y) Tng Yoo @Lxric mapdotaons tne
f pépvovue mapdhAinhec evbeiec mpog Tovg AEoveg XX~ xRl
yy’, oL omoiec oynuatiCovv ue tovg nuidEovec Ox, Oy
0000yYWVIO TaAQAAANASYOQUUO.
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| r’ TAEﬁSM 91 amoé 124.

Na BoeBovv oL ocvvretayuévec tov onueiov M, wote 1
TeEQIUETOOC TOV 0pBoywVviov mapaAAnhoypduuwov va eival
eEAAYLOTY.

Movadeg 10

Ouv  tetunuévec mEVTE  OLOQPOQETLXRWV  ONUELLY  TNG
eQOTTOUEVNC TOV cowTAUaToC (@) €xovv néomn Twuy X = 5
XOL TUTTLXY ATTORALOT Sy = 2.

Na Boebel m uéon Tinf  y #ou M tvmxy axdxhlion Sy tTwv

TETAYUEVOYV TOV ONUELDV AVTAV.
Movadec 8

OAHI'IEY I'TA TOYYX YIIOWH®IOYX

210 TETPAdL0 VO YOAPETE UOVO T TEORATAQRTIXA (MueQouNn Vi,
e€etalduevo ndbnuo). Na unv avoyodyere to Oduata 0To
tetoddlo. Ta oyfuata mov Ba YONOWOTOLNOETE OTO TETPAOLO
UWITOQOUV VA YIVOUV Rl UE WOAVLL.

Noa yodyete TO OVOUATET®MVUUO OO0 OTO TAVW UEQOC TWV
POTOAVTILYOA WY, auéome UOAMe oag mapadofovy. Kaud diin
ONUELOTT OEV EMTOERETAL VO YOOAETE.

Katd v amoywdonom cag va mapoadwoete pali ue 1o tetpddio »a
TO. POTOAVIIYOOQA, TO OTOolo ROl Ba RATAUOTOAPOVV UETA TO
népac TNe eEETaonc.

Noa aravtioete 0to TETOAdL0 oog o€ OAa Ta B€uata.

Kdé&0Be Mo emotnuovirg TeEXUnoLmuEVN eival amodex .

Awdorera  eEétoone toelc (3) oec uetd Tty dravoury TV
POTOAVILYOAPWV.

Xpovoc dvvatig amoywonong uetd tn 10.30” wowuvi).

KAAH EIIITYXIA
TEAOX MHNYMATOX
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| r’ TAEH‘G’M 92 amé 124.

EITANAAHIITIKEX AITIOAYTHPIEYX EEETAXEIX
I'" TAEHX HMEPHXIOY ENIAIOY AYKEIOY
TETAPTH 7 IOYAIOY 2004
EEETAZOMENO MA®OHMA:
MAOHMATIKA KAI XTOIXEIA XTATIXTIKHX
IF'ENIKHYX ITATAEIAX
YXYNOAO XEAIAQN: TPEIX (3)

O®OEMA 1o

A. Av A nou B elvar 0vo evoeyoueva evog OeLyuativoy yooov Q ue
ACB, t6te va amodeiEete dtL P(A) < P(B).

Movaodeg 7

B. a.Il6te éva melipapa ovoudletal metpana THYNC;
B. Na dwoete TOV 00LOUO TOV OELYLATIROU YWOEOV EVOC
TELPAUOLTOS TVYNC.
Movddeg 6

I'' Na yxoapaxtnoioete TtTI§ TOOTAOELS MmOV axoAovBouv,
YoA@ovTag OT0o TETEAOLO oac TN AEEn Xwoto 1 AdOog
SimAa OoTO Yoduua mov AVTLOTOLYEL OTN OWOTH OTAVTINON.

a. Av lim f(x)=/; nay lim g(x)=1/,,

X =X, X > X,
T41E lim (f(x)-g(x))=/¢{(5 .
X =X

B. Mia ovvaptnon f ue medio opLouov A Aéue OTL
TaEOoVOoLAlel TOmM®O €EAAYLOTO OTO X €A, JOTOV
f(x)<f(x;) yio #40e X 0€ uLo TEQLOYN TOV X;.

v. Toyvelw (f(x)-g(x))” = f(x)-g(x) + g°(x)-f(x), 6mov f na
g TOQAYMWYIOLWES OVVAQTNOELC.

0. Toyveu (\/;):% ue x>0 .
X

e. Ta Vo ovumAnowuatird evoeyoueva A xat A” evog
detynatinoy ydpoov Q royver P(A") =1+ P (A).

ot. To uétrpo OLoOmMOEAS €VQOg LoOoVTUL UE TN OLLPOQE TNG
EAAYLOTNG TOQOATHONONS ALTTO TN UEYLOTY TOQATONOM).

Movadeg 12
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| r’ TAEH‘G’M 93 amoé 124.

®EMA 20
X+2

Atveton 1 ovvdptnon f ue tomo  f(x) = .
eX

a. No Ppelte T povotovia ®al T AxEOTATO TNS OCVVAQTNOMC.
Movadeg 9

B. No amodeiete 611 f(x) +1f(x) = ix .

; Movaddeg 8

v- No Poelte v eElomon g €@ATTOUEVNS TNS  YOOPLXNG
nopdotoone e f oto onueio A (0, £(0)).

Movadeg 8

OEMA 3o

H puéon tun tov fabuwv mov mneav ot 25 nadntéc e I 1édEng evog
Avrelov ota MaOnuatird etvar 14, evedd n uéon tiuy tov Padudyv tmv
10 paOntwv Tov mapovoiocav tn wxedtepn fabuoroyia eivor 11.

a. No Poeite tm uéon twwy g Pabuoroyiog twv 15 vedrlouwwy
woONTwv.

Movdodeg 12

B. Av 1o dBpolona TwV TETRAYHVOV TV faBumy Tov 25 avtnv
uwadntdv eivar 5000, va Boeite To ouvieheoty| uetafoirc (CV).

Movdodeg 13
OEMA 4o

‘Eotw Q=A1, 2, 3,4, 5, 6} 0 deryuatirdg xmog g oiyng evog  un
auepdAnmTov Captov nat n ovvaptnon f:R— R ue tomo

f(x) =%X3 -kx2 +4x+2 , dmov keQ.

Av P(1) = P(3) = P(5) = 2P(2) = 4P(4) = 2P(6), t41e va Poelts:
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Tic mbavottee Twv amhdv evdoeyouévoyv P(1), P(2), P(3), P(4),
P(5), P(6).
Movdaodec 8
Tic mBavotnteg Twv evdeyouévov A zal B, dmov
A: «H €vdelEn tov Caprov elvar dptiog aplBudc»
B: «<H €vdeilEn tov Caprov elval mepLttdg apltBude».
Movdaodec 8
Tnv mBavdédinta tov evoeyouévov I', dmov
I «<H ovvdaptnon f etvalr yvnoiwg avEovoa oto R».
Movadeg 9

OAHI'TEY I'TA TOYX EEETAZOMENOYX

>10 TETEASL0 VO YOAYeTE uOvo Ta TEORATAQXRTIRG (Nuepounvia,
g€etalduevo ndbnua). Ta Oduato va uny To OVILYQAWETE OTO
1eTpdd0. Ta oyfjuata mov Ba YOMNOWOTOMMOETE OTO TETEAOLO
UWITOQOVV VO, YIVOUV %Ol WE WOAVPL.

Na yodyete 1O OVOUATET®OVVUO O0C OTO TAVLD WEQOS TWV
POTOAVILYQAP®VY, auéoms uoAle cog mapadobBovyv. Kauld diin
onueimwon Oev EMTQEMETAL VA YOOAETE.

Katé v amoynonoy oog vo maoadmoete Noll e To TETEAOL0 ®ol
TO. POTOAVIIYQOQM, TO omola %ol 0o ®ATOOTOAUEOUV UETA TO
népag TNg eEETaomnc.

No amavTioeTe 010 TETEAOL0 005 0 OAM Ta Oduata.

Ka0Be AMion emotnuovirnd texunolmwuévn eivol amodent.
Awdorero  eE€taone toelc (3) woec uetd Ty Sravour] TwV
POTOAVILYQAPWYV.

Xpdvog dvvatig aroywenong: 10:00.

KAAH EIIITYXIA
TEAOX MHNYMATOX
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APXH 1H> SEAIAAX

| r’ TAEH‘G’M 95 amé 124.

AIIOAYTHPIEX EEETAXEIX I'" TAEHX
HMEPHXIIOY ENIAIOY AYKEIOY
TPITH 25 MAIOY 2004
EEETAZOMENO MAGHMA:
MAGHMATIKA KAI ETOIXEIA *TATIETIKHX
TENIKHX ITAIAEIAX
YYNOAO ZEAIAQN: TEXXEPIX (4)

O®OEMA 1o

A. No amodelEete 0tL | TOEAYWYOS TS OTaBEPNS OCUVAQTNONG
f(x) = ¢ elvar ton ue 0.
Movadec 8

B. Noa ddoete 10V 0pLoud g ovvéyelag nrac ovvaptnong f
OTO ONUeELO Xy TOV TEOLOV 0QLOUOV TNC.
Movadeg 5

I'' Na yapaxtnoloete TLC TEOTAOCELS WOV AxO0AovOovv
YOA@OoVvVTOC O0TO TeTEAOLO cog ™) AEEN Xwoto M AdBog
OlmAo 0TO YOAUUO TOV AVILOTOLYEL O ®AOe mEdTOON.

a. H ovyvotnta tmg tiwig x; nrog petaPintig X eivat
aQVvVNTIXOS apLbudc.
B. Zmmv xzavovixy ratavoury 1o 95% Twv TOQATNENOEWV

Boloretalr oto Oldotnquar (x — s, x + s), 6mov x elval

N U€on TIUN TOV TAQATNENOEMY ROL S 1 TUTLXY TOVG
amTORALOY.

v. Av dratpéoovue T ovyvotnta v; urog uetafintie X
we 1o ué€yebogc v 1ov Oelyuatog, TOORVITTEL M OYETILUN
ovyvotnta f; tnc TwwNc x; .

Movadec 6
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2tov mapaxdtw mwivaxa Tto A nar B ovupfoAiCovv
evoeyoueva €vOog TWELPAUOTOS TUYNS. 2T XTRANn 1
avaypdgovtal OLdgopec ox€oelg yioo to A xar B
SLatvmTwuéves otnv ®oLvi yhwooo »oat ot Xtnin II
OYE0ELS OLATVTMUEVES 0T YADOOO TWV OVVOLWV.

Na yodyete 0to TeETEAOL6 coc T yoduuato e XTtiing I xou
dtmha. oe ndéBe yoduuo tov apBud e XriAng II mov
AVTLOTOLYEL OTNV (O SLaTVTTMOoN).

Ytiin 1 Ytnin 11

a | Toayuwatomoleitar  €va tovAdywotovl 1 | ANB
amd ta A, B

p | moaynatomoleitar o A ahhd SxrtoB L 2 |A — B

Y | moaynatomotovvtar ouyyeoveng ta AL 3 | (AUB)’
nat B

4 | AUB

21 XA II meprooevel wia oyxéon.
Movdaodeg 6

OEMA 20

x> —4x+3

Alvetal n ovvdptnon f ue timo f(x) =———~— .
=3

A. Na PBoeite to medlo opLonov tneg f.

Movadec 10

B. No vroAloyioete to lim f(x) .

x—3

Movadeg 15

TEAOZ 2H>Y YEAIAAZ www.dinamiko.edu.gr




APXH 3H> SEAIAAX

| r’ TAEH‘G’M 97 amé 124.

OEMA 3o

ZTNV «ATTIHN 000» eEvmmpetovvTal xadnueptvd 200 yiAitddeg
oynuata, tTo omoia dravivovv amd 5 €wc 45 yihiduetpa. H
OLaAVUOUEVY ATOOTOON OE YLALOUETQO OO TO OYNUATE QAVTAE
TOEOVOLACETAL OTNV TEWTYN OTHAN TOV Tivara:

KAhdoeig | Kévtpo |Zvyvdinta ZYETLRN ABpoLoTixm ABp. ZyerT.

o€ YAW. ®hdong | v; oe yAu. ovyvotnta ZvyvotTnTta ZvyvotTnTta
X; f;% N; oe yhu. F;%

[5, 15) 60

[15, 25) 68

[25, 35) 180

[35, 45)

2Uvolo 200

A. Noa uetagépete o010 TETEAOLO OOC TOV TAQATAVW®
mivaxrao %ol Vo CVUTANQWOETE TLC TIUEC TV AVTIOTOLY WV
weYeDwv.

Movadec 10

B. Na oyedidoete 10 wotdyoouua (x; , fi%) xoar 1o moliywvo
OYETIXWYV CUYVOTHTWV.

Movadeg 5

I' Noa Boeite T uéon tiuq X .

Movadeg 5

A. Naoa Bpeite to mwAn0oc Twv oynudtwv mov diLavvovyv
amOoTOON TOVAAYLOTOV 25 YLALOUETQWV.

Movadeg 5

O®OEMA 4o
Aivetar n ovvéotnon f ue tono f(x) =2x> — gxz +x+10.

Ov mbavottec P(A) now P(B) 8Uo evdeyousévov A wnor B evdg
OELYUATIXOV YWEOV L2 €ival (0€g e TG TIES TOV X, 0TS oTotes N f €xel
AVTIOTOLYO TOTLXO EAAYLOTO ROl TOTTIXO UEYLOTO.
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No deiEete 611 P(A) :% natr P(B) :%

Movadec 9
o tic rapoamdvom twéc tov P(A), P(B) nabdc nou yia
P(AUB) = %, vo foeite Tic mOAVITNTEC:

i. P(ANB)
ii. P(A-B)
iii. P[(ANB)’]
iv. P[(A-B) U (B-A)].
Movadec 16

OAHTI'IEY (yia tovg eEetalouévovg)

210 1ETPAOL0 Vo YA eTe LOVO T TEORATAOUTIXRG (nuepounvia,
g€etalduevo wabnua). Na unv _aviyodyere to 0éuata 0TO
tetoddlo. Ta oynuata mov 6o YOMOWOTOLNOETE OTO TETOAJLO
WITOQOUV VO YI(VOUV ROl e WOAVPL.

No yoaWete TO OVOUATETOVUUO OCC OTO TAVWD UEQOSC TWV
POTOAVILYOAPWYV, auéons uohle oag mapadoBovv. Kautd GAin
ONUEIWON OEV EMLTOEMETAL VO YQAETE.

Katd v amoywdonon oag va mapadnoete uall ue 1o teTeddlo
%O TO POTOAVTIYQOQO, T OO0 ®oll B0l RO TOOTEOPOVV UETA TO
népag NG EEETOLONC.

No amavtioeTe 010 TETEAOL0 gag o€ OAa T Béuata.

Kdé&0Be Mion emotnuovirg TeEXUNOLOUEVT E(VOLL ATTOOERTY.
Avdorera  eE€taonce toec (3) dpec petd tny dwovour] TV
POTOAVILYQOAPOYV.

Xpo6vocg duvatic amoywonong uetd T 10.30” wowuvi.

KAAH EIITYXIA
TEAOX MHNYMATOX
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EITANAAHIITIKEX
AITOAYTHPIEX EEETAXEIX I'" TAEHX
HMEPHXIOY ENIAIOY AYKEIOY
IIEMIITH 3 IOYAIOY 2003
EZEETAZOMENO MAO®OHMA:
MAOGHMATIKA KAI XTOIXEIA XTATIXTIKHX
I'ENIKHX ITATAEIAX
YXYNOAO XEATAQN: TEXXEPIX (4)

®EMA 1o

A. Tw OvVo ovumAnowupotird evoeydueva A xnar A" evig
SELYUOATIXOV YDEOV L, VO ATTOOEIEETE OTL LOYVEL :
P(A")=1-P(A)

Movadeg 9
B. Na yoayete 010 TETOAOLO 0QS TO YOAUUO TTOV AVTLOTOLXEL OTN)

OWOTY ATAVTNON.

Mio ovvéptmon f elvalr mapaywyiown oe €va onueio X, TOU
nediov opLonov TN, oV VITAQYEL TO :

a. lim f(XO + h) —f(h)

h—0 h

,heR, h#0 oL 1o 6pLo avtd

elval TOAYUATIXOC aLOUOS

B. lim (X0 —M)—f(X) 1 R hzo
h—0 h

Y. llm f(XO + h) — f(X

h—0 h

) ,heR, h#0 not to 6pLo avtd

e(VAL TOAYUATIXOC APLOUOC

5. lim f(xo +M)+f(h) | R hzo.
E h

Movadeg 5
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I  Na yodyete 010 TETPAOLO OUS TO YOOUUO TTOV AVTLOTOLXEL OTN
OWOTY ATAVTNON.

Métpo B€omng evéc ovvohov dedouévwy lval :
d. TO €EVQ0C

B. n Orueoog

Y. N OLaxvuavon

0. 1 TV ATOUALO.

Movaddeg 5

A. Noa oploete 10 OvVVTEAEOTN UETAPOANC €VAC OUVOAOV
TAQATNONOEMV.

Movadeg 6
OEMA 20
Alvetau n ovvéomon  f(x) = Vx* —
a. Na Poebel To medio opLonov tne.

Movaddeg 5

B. Na deiEete 611 0 pvOUOC netafoine e f, dtav x=3, oovtoL ue

342

4
Movdodeg 10
f(x)—+/3 :
v. Av h(x) = M yio X # 2, va. virohoyioete to  1lim h(x) .
X—2 x—2
Movddeg 10
O®EMA 3o

"Exovue 30 opaipec uéoa o’ €éva doyeio, apBunuéves amd 1o 1 €mg 10
30. EmiAéyovue otnv tiym uio ogpatpa. ‘Eotw A to evdeyouevo o
apBudc e ogpatpac va eival dotioc xal B 1o evdeyduevo o a.pBudg
avToC va eival ToAhathdolo Tov 5.
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Av A’, B” elvalr ta ovuminoouatird evoegyoueva tov A xou B

AVTLOTOLYWS, VO VITOAOYIOETE TIC TOAVOTNTEC :

a. P(A), P(B)

Movadeg 6
B. P(A UB)

Movadeg 6
v. P(AUB)

Movaddeg 6
5. P(A"nB)U(ANB))

Movaodeg 7

OEMA 4o

To Pdapoc evdog Oelywatoc pnadntdv Avretov arohovOel
AOVOVIRNY | TEQIMOV RAVOVIXRY RATAVOUN.

To 50% twv padntwv tov deiyuatog €xovv fAEog TO TOAV
65 Kg, evad meplmov 10 47,5% aviwv €xovv Pdpoog and 65 Kg
€wc 75 Kg.

o. Na vrohoytoete tn uéon tiun, ™ OLAUECO %HOAL TNV TUTLUN
amdxrAion Tov fAoove TwV nadnTdVv Tov delynatoc.
Movadeg 6

B. Na eEetdoete av 1o delyuwa €lval onoLoyevEec.
Movadeg 6

v. Na vwtoloyioete To mOO0O0OTO TV HaONT®OV TOV delynatoc,
mov €xovv fdapoc amd 55 Kg émc 70 Kg.
Movadeg 6

0. O aplBudéc Tov nabntwyv tov delynatoc avtov mOoU €YOVV
faooc and 55 Kg €émg 60 Kg, elvar 27. Na vrohoyioete 10
oUvVOAO T®OV UaOnTtdv Tov delynatoc.

Movdaodeg 7
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OAHTIIEY (ywo Tovg eEeTalonevVoOvg)

310 TETEAdL0 VO YOAYETE LOVO TO TEOROTAPXTIXA (nuepounvia,
e€etalduevo uabnua). To Ofuata vo uny To OVILYQOWETE OTO
tetoddlo. Ta oynuata mov Ba YOMOUOTOLNOETE OTO TETOAJLO
WITOQOUV VO YIVOUV ROl LWE WOAVPL.

No YoAWeTe TO OVOUATEMDVUUO O0C OTO TAVWD WUEQOSC TWV
POTOAVTLYQA QWY auéomwe UOAle oog mapadobBovv. Kaurd diln
ONUELWON OEV EMITOERETAL VO YOAWETE.

Katd tnv amoywonon ocac voa maoadwoete puoll ue to
TETRAOLO %Ol TO Q@QOTOOAVTIyYQO@O, TO Oomota %ol Qo
ROTOOTOAQPOVV UETA TO TEQAC TNS EEETAONG

No aravtioeTe 010 TETEAOL0 oag o€ OAa T B€uata.

Kdé&0e Mion emotqUovIrG TEXUNOLOUEVT E(VOLL ATTOOERTY.
Avdprewo eE€taons Toewg (3) dpeg uetd T dwavous] TwV
POTOAVTLYQAQPMV.

Xpovocg dvvatic amoywonong uetd tn 10:00 Towuivy.

KAAH EIIITYXIA
TEAOX MHNYMATOX
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AIIOAYTHPIEX EEETAXEIX I'" TAEHX
HMEPHXIIOY ENIAIOY AYKEIOY
TPITH 27 MAIOY 2003
EEETAZOMENO MAGHMA:
MAGHMATIKA KAI ETOIXEIA *TATIETIKHX
TENIKHYX ITAIAEIAX
LYNOAO ZEAIAQN: TEXXEPIX (4)

®EMA 1o
A. Na amodeiEete 611 N Tapdywyoc tne ovvaptnong f(x) = x

etvar f(x) = 1.
Movadec 8

B. IIéte uia ovvaptnon f oe é€va dtdotnua A tov mediov
00LOUOU TNG AEYETAL YVNOTIWEC aVEoVoa %Ol TOTE YVNOIWC
pOivovoau;

Movadec 6

I' Na ddoete tov opLond tne dranéocov (8) eviéc delynatoc
V TOQOATNONOEMV.
Movadec 6

A. Na yaoaxtnoioete TIC TOOTAOCEL TOU aAXxoAovBouv,
YOAQOVTAS OTO TETPAOLO oac tn AéEn Xwoto 1M AdOog
OlmAa OoTO yoduua mov avTioOTOLYEl O A0 mpoTOaON.

o. To gvpoc elvar uétpo Béonc.

B. H OdraxvVuavon exgodletal ue tigc (0Leg novaoeg ue
TIC OTO(eC enEAloVTAL Ol TAQATNONOELC.

v. loydeu (£(g(x)))" = " (g(x)) . g" (x)
omov f, g mapaywyloLwec CVVOQTNOELC.

0. Avo evoeyoueva A natr B tov (0tov derypatinov
ywoov L Aéyovtal acvupifpaocta, 0tav A "B = .

€. To nvrhrnd didyoauua YEMOLUOTOLE(TAL LOVO YLO T
YOOU@LX TAQAOCTUCN TWV TOCOTLXWV UETARANTOV.

Movaodeg 5
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OEMA 20

210 OUVAAOYO xaOnyntov evoc Auvxelov t10 55% eilval
yuvaires, T10 40% towv ®aOnyntdv eivalr @LAOAoyolL ®ol TO
30% eivar yvvairec @LAdhoyor. EmiAéyovue tvyata €vav
20ONYNTH YLOL VO EXTQOOCWTNOEL TO OVAAOYO O€ %AmOLO
EMLTQOTY).

Noa vroAloyioete Tic mBavoTnTeEC 0 RAONYNTNC VA ELVLL:

a. yvvaira | @LAdhoyocg

Movadeg 5
B. yuvvaira xat 6yt @LAdloyocg
Movadec 5
Y. AvOopag rat gLAOAoyog
Movadeg 7
0. avopac M pLAdloyoc.
Movadec 8
OEMA 3°
X
Alvetar n ovvdptnon f(x) = — .
X —_

A. No yodayete 010 TETOAOLO OAC TO YOAUUQA TOUV
OVTLOTOLYXEL OTN OWOTH ATAVTINON.
To medio opLonov TG cvvédpTnong eivatr To cvvolo:
a. R B. (-1,1) v. R-{-1,1} 6. (1, + )
Movadeg 5

B. Na amodei€ete 6t f(x)<0 yia #dBe x ToU mediov
0pQLoOUoV TNC.
Movadeg 7
I. Na vroloyioete to lim [(x+1)-f(x) ]

x—>-1
Movdaodeg 6
A. Na Poeite ™ yovioa mov oynuatiCer n epamTouévn NG
voagixic mapdotaonc e f oto onueio (0, £f(0)) ue Tov

aEova x'x .
Movadeg 7
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OEMA 4o

2tov mivaroa mwov axoAovOel mwapovoLldleTtal N YONUATILXN
mTapoyn amd tovg yoveic, oe Evpd, deiyuatog €51 pabntov
e TEd NS TAEng (oudda A) ot £€EL nodntdv Tng devteEng
TdEnc (oudda B) evéc Tvuvaociow.

Onaoda A Onaoda B

B[N0~ e
o)

0. Na vmohoyioete N wéon tTun %ot T OLAUECO TWYV
TaQaTNENoE®WYV ®ABe oudodac.
Movaodec 6

B. Na ovyxpivete neta &V TOVC WS TEOS TNV OUOLOYEVELQ TLG
0v0o onudoec.
Movaodeg 5

Y. Av og ndBe mapationon tme ouddac A yiver avEnoy

20% woiL oL moQATNENOELS TS ouddac B avEnbovv rnatd

5 Evpdd m naBe uta, mdg OLanoo@ovovtal oL VEEC UWEOEC
TIUES TOV OV0 OuaAdwYV;

Movdaodeg 8

0. Na ovyxpivete neta &V TOVC WS TEOS TNV OUOLOYEVELQ TLG
0v0 ouddec ue ta véa Oedouéva.
Movdaodeg 6

OAHTI'IEY (yi0 tovg eEetalouevovg)

1. 210 tetpddio vo yoaYete UOVO TO TQOXATOUQATLXA
(nueoounvia, e€etalduevo nddnua). To Béuata va unv ta
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avTiyoayete oto tETEddLo. Ta oyxynuata mov Oa
YONOLUOTOLNOETE OTO TETPAOLO WITOQOVV VO YIVOUV %Ol UE
WOAUPL.

Na YoQWPYeETE TO OVOUATEMDOVUIUS OUC OTO TAVW UEQOC TWV
POTOAVTILYQAPWV auéomec uohic oag mapadofovv. Kaurd
AAAN oNueElmON OEV EMLTQEMETAL VA YQAWETE.

Katd tnv amoywonon ocac va mapadwoete puoll ue to
TETRAOLO %Ol TO QOTOOVTIyQO@O, TO Oomota %ol Oa
ROTOOTOOAQPOVY UETA TO TEQAC TNS EEETAONS

No amavtioete 010 TETEAOL0 00¢ 0 Sha Ta Béuata.
KaBe Aion emotnuovird texunotonévn elvoal amrodext.
Arvdorera eEétaonc: Toewc (3) dpeg netd ™ dravourn TV
PWTOAVTLYQAQPMYV.

Xodvoc dvvatne amoydonons: Mia (1) doo uetd
OLOLVOUN TOV PWTOAVILYQAQMYV.

KAAH EHNITYXIA

TEAOX MHNYMATOX
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EITANAAHIITIKEX AITIOAYTHPIEX EEETAXEIX
I'" TAZEHX ENIAIOY AYKEIOY
IIEMIITH 4 IOYAIOY 2002
EEETAZOMENO MAOGHMA I'ENIKHX ITATAEIAZX:
MAOGHMATIKA KAI XTOIXEIA XTATIXTIKHX

O®EMA 1o

Al. IIéte uta ovvdptnon ue medio opLonov A Aéyetal
oVvexNg;

Movdaodeg 4

A2. TIIdéte uta ovvaptnon f Aéyetal yvnoimg avEovoa oe éva
draotnua A Tov medlOV 0pLOoUOV TNS ®at TOTE YVNoimg
pOivovoa;

Movdaoeg 4

A3. No oamodeiEete S6tL 1 moEdywyog TNG TOAVTOTLRNG
ovvaptnong f(x)=x eivar f'(x)=1.

Movadeg 10

Bl. & pio ®ratavoun ouyvoTRtT®mV oL TLUES TNS UETAPANTNG
elval Xq, Xz,...,Xx UWE OVYVOTNTESC Vi, Vo,...,Vi AVTIOTOLYQ
“oL vV elval To TAN00C TOV TAQATNONOEWV.
[Toc optetar n wéon Tium X ;
Movdodeg 4
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B2. Na vyodayete o010 TETPAOLO 0OQC TO XKEIUEVO OV
ax0AOVOEL CVUTANODVOVTAS TO VTAQYOVTA XEVA.
Edv oe nd0e TN x4, Xy,...,Xy EVOC OVVOAOV OEOOUEVMV OWDOOVUE
OLaoeTIXY PaoVTnTa TOV EXPEALETAL UE TOVS OVVTEAEOTEC
otdOutone (faoVtnTag) Wi, Wa,...,W, TOTE AVT{ TOV CELOUNTLROY
UWECOU YONOULOTOLOUUE TOV eevrrerererrnes erererererenannns UWECO M corerererrrennne

UWECO TOV PEIOARETAUL ATTO TOV TUTO X = woveerrerrerene :

Movaoeg 3
OEMA 20

Atvetor m ovvdptnon f(x)=ax(2-x), a e R
A. Na Poeite Tnv T TOLV O OOTE 1 EPATTOUEVY TNG
YOO@L®NC moapdotaons tne ovvaptnone f oto onueio
e O(0, f(0)) va oynuatiCer ue tov GEova x'x ywovia
45°.
Movaoeg 10
B. T a=1/2, va Poelte:
a. TV EEOWON TNG EPATTOUEVNS TNS YOUPLXNS TAQAOTOONG

¢ ovvaptnong f oto onueio e (1, f(1)).
Movdodeg 5

B. ta axpdtata tng cvvadpTnong f.

Movaodeg 10
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210 OwmAavo oyxnua  Otvetal

TO

[T” TAEH deh. 109 ané 124.

ToAVYwvo aBQ0LoTILX®YV

OYETLXWOV CVYVOTNTWV, TOV TaQovoLdlel ™ fabuoroyla niog

oudadacg uwadntwyv 0TO
udbnua tnc Iotoptac. H
BaBuoloyla xvuaivetar amxod
10 uéyor 20. Alvetar otL 10
uoOntéc Exovv BaBud
ueyoAUitepo N (oo tov 12 nal

uLxpdétepo tov 14.

F. %

1

100
90

80

70

60
50 F
40 F

30

20 F

10

>
10 12 14 16 18 20

BaOpoioyia

a. No amodeiEete 6TL 0 0plOUSS TV padnTdv eivar 50.

B. Noa Poeite ™ diaueoo.

Movadeg 8

Movdodeg 5

Y. No %0Tao%rEVAOETE TO LOTOYQUUUO CUYVOTHTOV.

Movaodeg 7

0. EmiAéyovue tuvyaia amo to detyna twv 50 padntaov

Eva uadnti. Na foeite tnv mbavotnta o pabntig vao

ExeL PaBud neyaivtepo N too tov 16.

Movaoeg 5
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OEMA 4o

‘Eotw Q={1, 2, 3, 6} derynatindg ywooc.

A.  Noa dixaloAoyNoeTe TOLOL ALTTO TOVE TAQARATW TVTOVS UWITOQOVV
va 0ewEnB0oVV RATAAANAOL %Ol TTOLOL OYL YLOL VO EXPOACOVY TNV

mBavoTnTa %A OTOLYELWOOVS EVOEYOUEVOL K TOL L.

1 1 1
1 Pk=_ L Pk: P Pk:
i) P(k) " ii) P(k) K iii) P(k) x
Movdaodeg 8

B. Ouv moapatnonoelc wniwag uetapfintie X  elvar ot
arolovBec:
1,1, 7,k,k, 3,3,3
omov k eivar otolxelwdec evdeyxyduevo Tov L, UE

1
nbavotnta P(k) = —.
M (k) A

Alvovtal ta evogyoueva A, B touv derynatinoy ywoov Q,
Omov

A={keQ : n emxpatoVOd TILUN TOV TAQATNONOEMV TNG
uetaPAntie X eivar My=3} =au

B={keQ :n uéon twuy x = 2,5}.

a. Noa rapaotabovv ue avayoopn ta evoexoueva A xrat B.

Movadeg 8

B. Noa poeite 1ic mbBavétnteg P(A), P(B) wat P(AUB).
Movaoeg 9
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AIIOAYTHPIEX EEETAXEIX I'" TAEHX
ENIAIOY AYKEIOY
TPITH 28 MAIOY 2002
EEETAZOMENO MAOGHMA TENIKHX ITAIAEIAX:
MAGHMATIKA KAI ETOIXEIA *TATIETIKHX
YYNOAO ZEAIAQN: TELXEPIX (4)

O®OEMA 1o

A. Ac wvmoBéoovue OTL X(,Xo,..,Xx E€(VOL Ol TLWESC WLOC
uetafAntine X, mov a@opd TOo Atoud evog Oelyuatog
ueyébovg v, omov k,v un umdevirol @uowrot apLbuot
ue k < wv.

o. Tu ovoudletar amohvtn ovYVOTNTA V;, TOV OVTLOTOLYEL
otV Twn X;, i= 1,2,....k;

Movadec 3
B. Tuvovoudletar oyetinn ovyvotnta f; Tnc Tiuneg x;,
1=1,2,..,k;
Movadec 3
Y. No amodeiEete OTL:
i) 0<£f;<1 ywai=1,2,.,k
ii) f+f,+ ..+ f =1
Movadec 4

B.1. o omoitadnmote aovuPfifacta uetagv tovc €vOeYOUeEVQ,
A, B evog derypatinov ywpov Q va amodei§ete dtL:
P (A U B)=P(A) + P(B).

Movadec 8
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B.2. a. Na dwdoete Tov vhaoxd opLoud tne mbavotntag €vog

evoeyouévov A xndmorov deryuatirov ywopov L.

Movadeg 5
B. Na owoete Tic apOuntinéc TMEC TOV TAQUAXATW
TLOAVOTHTWV:
i) P(Q) ii) P (D).
Movadeg 2
OEMA 20

Alvetor n ovvdotnon f(x) = ——.

X+1

a. Na foeite 1o medlo opLonov Tnc ovvdpinong f.

Movaoeg 4
B. No vmoroyioete 1o oo lIMTF(X) .
X—3
Movaoeg 4
v. No PoeBel n mpwtn mapdywyoc tne f.
Movaodeg 7

0. Noa PpeBovv oL epamToueves TS rOUTVANS TS ovvAapTong f wov
elval mwapdAAniegs oty evbeia y = 2x + 5.
Movaodeg 10

®EMA 3o

‘Eva mpotdov mwAieitar o 10 OL0QOQETINA XATACTNUATO OTLS
napaxdTm Twuéc, oe Evow:

8, 10, 13, 13, 15, 16, 18, 14, 14, 9.
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o. No vmoAloytoete TN ué€on Ty, TN OLAUECO HOL TNV
EMLXOATOVON TLUN.
Movadec 6

B. No vmoloyiocete 1O €VQ0C, TNV TUTLXY ATORALON ROl TOV
OVVTEAEOTN UETAPOANC.
Movadec 6

Y. Av oL Twuéc T0V TEOTOVTOC 0t OSAQ TO ARATAOTHUATO
vrootovv éxmtwon 10%, va eEetdoete av Ba wetaPAinbel

0 OVVTEAEOTNC UETAPOANC.
Movadeg 13

OEMA 4o
‘Eotw A,B 0vV0o evdeyxydueva &evog deryuatixov ywpov €
ue P(A) + P(B) # 2P(A N B).

Alvetalr axdéua n cvvapTnon:

f(x) = (x - P(AUB))’ - (x - P(ANB))’, x € R.

a. Noa deiEete 6t P(ANB) # P(AUB).
Movdaodeg 5

B. Na dei€ete 611 1 ovvdptnon f(x) mapovoldlelr uéyLoto
_ P(A)+P(B)
2

OTO Oonueto X

Movadeg 13
v. Edv ta evdeyxydueva A, B elvar aovuBipaota, va deiete

1L f(P(A)) = f(P(B)).
Movadeg 7
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OAHTI'IEY (yi0 tovg eEetalouevovg)

2T0 TETEAOLO VO YOAYETE UOVO TA TEOXRATAQHTLXRA
(nueoounvia, e€etalduevo uddnua). To Béuata va unv ta
avTiyoayete oto tETEAdLo. Ta oyxynuata mov Oa
YONOLUOTOLNOETE OTO TETPAOLO WITOQOVV VO YIVOUV %Ol UE
LWOAUPL.

Na YoAYeETE TO OVOUUTEMDO VUG OUC OTO TAVW UEQOC TWV
POTOAVTILYQAPWV auéomec uohic oac mapadofovv. Kaurd
AAAN oNUeElmON OEV EMLTQEMETAL VO YQAYETE.

Katd tnv amoywonon ocac vo maoadwoete puoll ue to
TETRAOLO %Ol TO QOTOOAVTIyYQO@O, TO Oomota %ol Oa
ROTAOTOAQPOVY UETA TO TEQAC TNS EEETAONG

No amaviioete 010 TETEAOL0 00¢ 0 Sha Ta Béuata.
KaBe Aion emotnuovird texunotouévn elvoal amrodext.
ArvGorera eEétaonc: Toewc (3) dpeg netd ™ dravourn TV
PWTOAVTLYQAQPMYV.

Xodvoc dvvatie amoydonone : Mo (1) doa uetd
OLOLVOUN TOV PWTOAVILYQAQMYV.

KAAH EHNITYXIA

TEAOX MHNYMATOX
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EITANAAHIITIKEX AITIOAYTHPIEX EEETAXEIX
I'" TAZEHX ENIAIOY AYKEIOY
XABBATO 30 IOYNIOY 2001
EEETAZOMENO MAOGHMA I'ENIKHZX ITATAEIAZX:
MAOHMATIKA KAI XTOIXEIA XTATIXTIKHX

O®EMA 1o

A.1.

A.2.

Av mn ovvaptnon f elvar moapaywyiowun oe €va

draoTnua A, TOTE va, amodeiete oTL:

(C-f(X))’ =c-f'(X), émov c mpaynaTndc apLbudce.
Movdadec 6,5
Na yapoaxtnoioete TI TOOTAOELS TOU axoAovBovuv
YOAQOVTAS OTO TETOAOLO oag tnv €voelEn Xwoto 1)
AdOog SimAa otOo Yoduua mTOU AVTLOTOLYEl O xAO¢

TOOTOO.
a. (f(x)-g(x) =F(x)-g(x) - F(x)-g(x)

B. (F(g0)) =F(9(x))-g(x)

!

(;(();))j _ f(X)'Q(é)(;)S;Z(X)'f(X) (g(x) £ 0)
5. (xp)'=@-x@'1 , 0 oNtéc, x>0
e. (Nx) = ouvx
ot. (OUWX) = nux
Movadec 6
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B.1. Na yodyete 010 TETOAOLO OOS TA YOAUUATA TNG
Xtninsg A xar Sinmda o€ xabe yoauuo tov aptbuo tng

XtnAng B, mov avTiOTOLYEl OTN OWOTH ATAVTINON.

TiAn A Ltiin B
Yvvdotnon f IHohtn mapdywyos tne f
0. 2Ux+In2, x>0 1 1
1. —+—
Jx o2
B. nex ’ <%0 2. 3ovv3x
X
Y. Mu3x NMX — XOUVX
3. 5
X
1
4 —
N
XOUVX — NUX
X2
6. -30vv3x

Movadec 7,5

B.2. Av f(x)= %(x—1)4 kKar f'(a)=27 , dmov a meayuoTirog

aplBudg, téte va foelte TNV TIUN TOVL Q.

Movdaoec 5
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OEMA 20
210 dwmhavé mivaxo Otvovtal ot Twnég IIAq00¢g
Oepuonpaociec Twv 20 mowTtwv | Oeonoxpaociag | Hugoodv
nueodv tov Matov oe Baduoic X; \£
Keloiov (°C). 22 2
A. Av yvwpiCovue ot1L m uéon 23 4
Bepuoxpaocia TWV TAQATAV® 24
nuepodv eivar 24,4 °C, t4te: 25
o. vo Poeite médoec nuépec elyav 26 2
Beouonpaoia 24 °C ROl 27 3
nooec 25°C

Movdédec 10

B. va vrohoyioete TV emrpaTOVOO TLUWY XL TN OLAUECO.
Movaodecg 5

B. Av yvwpiCovue OtL 1 didueococ eivar 24,5 °C, va Poeite
néoec nuépeg eixav Bepuoxpaoia 24 °C nar mdoeg 25 °C.
Movadec 10

OEMA 3o

To fapoc Twv amoonevwv vabevog ex Tov 80 emiPaTtdv piog
nTHong ramoirac Agpomopixne Etalpelac elvar tovlhdyitotov
11 #h&d alAd punpdtepo amd 26 »ihd. I'vwpilovue StL 8
emipatec €xovv amooxeVEC ne fAoc uxpdtepo amd 14 nild,
10 30% tov emifatov €xel amoorevVES e PAQOS ULKREOTEQO
anéd 17 nihd, 48 emPatec €xovv amooxevéc ue PAapog
uxpotepo and 20 wAd ror 15% tov emiPatdv  €xel
amooxreVéc ue fapog tovhdytotov 23 niAd.

a. Na mapaotaBovv ta dedouéva ot €vav  mivaxa

OUYXVOTNTWYV.
Movadec 10
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B. Kd&Be emiPpdine dxatovtalr vo UETAEPEQEL QTOOKREVEC WUE
BGooc uwxpdtepo TV 20 %LADV, OLOQOQETIXA €YEL
ntpdoBetn owxovoulrnn emipdovvon. Na PBoeite TL T0000TH
arnd tovg 80 emifdtec Tng WTHONS VTG €xEL TEOOOETY
OLXOVOULX EMLBAQVVOT.

Movdadec 7

Y. Noa foeBovv oL YyOVIiEC TOV AVTILOTOIY®WYV XRVRALROV TOUEDV
TOV RVUXALXOU OLAYQAUUOATOC OYETLHWYV OVYVOTNTWYV, YLO
ta 0edouéva tTov mpoPAfuaToc.

Movédec 8

®EMA 4o

2e éva oyxoleto ue 400 paBntéc OLOGO®ROVTAL M| AYYALUY ROl 1
voahlixy yAooooa. KdéBe pabntic eivalr vmoypewuévoc va
noapaxoAovOel TOUAAYLOTOV wio amd TIC TaQATAV®L EEVeC
YyAwooec. Amé tovg mwapamdve uadntéc 340 mapaxrolovBovyv
™V ayyiAxy yAwooa xrar 240 1t yaAlwrp  yAdooa.
Emihéyovue tuyata €éva nadntq. 'Eotow A 1o evdeyduevo va
mapaxolovOel TNV ayyhrny yAdooo xal I' va mapaxohovdet
™ YoAAx' yYAdooo.

a. Noa eEetdoete av ta evoeyoueva A xar ' elval

acvuPBifpaota.
Movdaodec 5
B. Noa amodeiEete OTL:
P(T-A)< E
5
Movdaoec 5

v. Na Bpeite tnv mBavotnta o nabntic va mapaxohovdel
WOvVo TNV AyYALun YAWOOO.
Movdédec 8

0. Na Bpeite tnv mBavotnTta 0 nabntic va magaxohovdel
wia névo E€vn yhwooa amd avTtéc.
Movdadec 7
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AITOAYTHPIEZ EEETAXZEIZ I'" TAEHX
ENIAIOY AYKEIOY
ITIEMIITH 14 IOYNIOY 2001
EEETAZOMENO MA®GHMA T'ENIKHX [TATAEIAZ:
MAGHMATIKA KAI 2XTOIXEIA ZTATIZTIKHX
SYNOAO ZEAIAQN: EZI (6)

®EMA 1o

A.l. Na amodeiEete dtL yia 0vVo evdeydueva A %ot B evoc
OELYUATLROY YOOV Q LoyveL OTL:
P(A-B) =P (A) - P (ANB).
Movadec 8,5
A.2. No upetagépete o0to TETEAOLO OO0C TLS TOAQUXATW
OYEOELS XOL VO CVUTANQWNOETE naBeuLd amd avTtéc ue
10 ®atdhAnio ovuPfolro, (=, <, >) €10l WOTE VO ElvVAL
aAnOnc:
a. P(A7) ... 1-P(A)

Movadec 2

B. av AcB t61e P(B) ... P(A).
Movadec 2
B.1. Na yaoaxtnoioete TI TOOTAOELS MOV AxOoAovBouv

YOAQOVTAS OTO TETOAOLO oag tnv €voelén Xwoto 1)
AdOog Simdla otOo Yyoduuo mOV QAVTLOTOLYE[ O xdbe

TOOTAON.
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Ta A nair B etval evoeydueva tov tdLov OeLyuatiroy
ydoov Q rnat A” to avtifeto Tov evdeyouévov A.
a. Av A’c B 16te P(A) + P(B) < 1.
B. Av P(A) = P(A”) 161¢ 2P(A) = P(Q).
Movdaoec 4

No yoayete 010 TETOPAOLO OAC TO  YOAUUOA TTOUV
QVTLOTOLYEL OTY OWOTH ATAVTNON.
Av AcB, P(A) = 1 natr P(B) = i 16te 1 P (AUB)

4 12
elval ton ue:

2
— . — . = 5.
a B v3

Movaodec 2,5
Na yoayete 010 TETPAOLO OAS TA YOAUUATO TNG
Xtiiing A xair Sinda o€ xabe yoauuo tov aptbuo tng
XtiiAng B, mov avtiOTOLYXEl OTN OCWOTN] QATAVTINO.
Ta A nair B elval evoeydueva tov tdLov OeLyuatiroy

) o 1 1
Yoov Q naL Loyvel dtL P(A) = :—_3 , P(B) = 2 noL

P(ANB) = % :
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XTAn A Xtin B
a. P(A-B) , 1
- 20
p P ((B -A ) l) 2 3
15
Y P ((A M B) ’) 3 ﬂ
-5
1
4. —
12
19
5 —
20
Movadec 6
OEMA 20
Atvetor m ovvdptnon f(x) = cvvx+nux.
A. Na arodetEete 611 f(x) + f"(x) = 0.
Movaodec 8
B. Na Poeite Vv €Elomorn TG €PATTOUEVNS TNS YOOUPLXNG
nopdotoone e f oto onueio A (0,1).
Movadec 8
I. Na Boeite v Tiunq A €IR yio v omota 1oyveL | ox€on:
1L 1L
u(_j _21{_) 2
2 2
Movadec 9
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®EMA 3o

2tTov  mopaxdtw  mivaxa  OlveETAL 1N AOATAVOUY) TV
a0QOoLOTILHWOV OYETLXOV CVYVOTATWV 1oV PApove 80 uabnrtwv
e I tad&nc evoc Avxretov. Ta dedouéva €xovv ouadomoinOel
o¢e 4 vAGoeLc.

Bdpoc o ®ild ABQOoLOTILXY ZYETLKY
[-) Zvyvotnta F;
45-55 0,2
55-65 0,5
65-75
75-85
A. Av yvopilete 6TL N OYETIXY OUYVOTNTA TNS TEITNG

®Adong eival OLTAAoLo TNG OYXETLXRNG CUYXVOTNTAS TNG
TN TNS ®Adong, va Poeite Tic TIMES TNC ABQOLOTLRNG
OYETLXNG OVYVOTNTOC TOV COVILOTOLYOUV OTNV TEI(TY
noL TETOQTN ®AGOM.

Movaodec 8

B. No vmohoyioete ) uéon TN TOV TOAQATAVW
OedoUEVMV.

Movaodec 9

I. Emidéyovue tuyatlo amd to Oelyua twv 80 padntav

Eva nadnty.
a. Na Poeite v mBavétnta voa €yxer PApog
wLxEo0TEQO amd 65 ®IAA.
Movaodec 4
B. Na Peeite tnv mBavétnta o pabBntig va €yeu
fdooc peyalvtepo 1M (0o TV 55 nIADV nal
WLXEOTEQO TV 75 ®IADV.
Movaodec 4
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OEMA 4o

2e €pevva mov €yLve OTOoVC nadntéc urac moAng, Yo TOV
¥oOVO TOov rAVOULV VO TAvVE amd TO OnNiTL O0TO OYOAElo,
dramiotwOnxe 6tL to 50% mepimov TwV nwabNTOV YeeLdleTal
neQLo0dTEQO amd 12 Aemtd, evdd to 16% mepimov ypeldletal
Aydtepo amd 10 Aemtd.

YroO€étovue OTL N ®ATAVOWUY TOV XOOVOU TNS OLadQOUNg eivat
AOTA TEOOEYYLOTN KAVOVIUN.

A. Na Poeite 1o wéoo ypdvo dradpouns Twv uadntwv
ZOL TNV TUTLKY amoxAion Tov YeO6vou OLaOQOoUNnc
TOVC.
Movaodec 6
B. Na eEetdoete, av to delyua elval opoloyevéc.
Movaodec 6
I. Av ov padntéc tng mwoing etvar 4.000, téool nabntég
Ba xavovv xpovo dradpounc and 14 €émg 16 Aemtd.
Movaodec 6
A. Mia puépa, Aoym €oywmv O0TOV %REVIQLXO OQOUO TNC

nToAng, xndéBe pabntiec xabvotéponoe 5 Aemtd. Na
foelte mooo puetaPfdaiietar o ovvreAeoTng LeTAPBOANG
(CV).

Movaoeg 7
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OAHTIEY (yia tovg eEstaldouevoug)

2T0 TETRAOLO VO YOAYETE UOVO TO TEOXRATAQHTLXRA
(nueoounvia, e€etalduevo uddnua). To Béuata va unv ta
avTiyoayete oto tETEAdLo. Ta oyxynuata mov Oa
YONOLUOTOLNOETE OTO TETPAOLO WITOQOVV VO YIVOUV %Ol UE
LWOAUPL.

Na YoAYeETE TO OVOUUTEMDO VUG OUC OTO TAVW UEQOC TWV
POTOAVTILYQAPWV auéomec uohic oac mapadofovv. Kaurd
AAAN oNUeElmON OEV EMLTQEMETAL VO YQAYETE.

Katd tnv amoywonon ocac vo maoadwoete puoll ue to
TETRAOLO %Ol TO QOTOOAVTIyYQO@O, TO Oomota %ol Oa
ROTAOTOAQPOVY UETA TO TEQAC TNS EEETAONG

No amaviioete 010 TETEAOL0 00¢ 0 Sha Ta Béuata.
KaBe Aion emotnuovird texunotouévn elvoal amrodext.
ArvGorera eEétaonc: Toewc (3) dpeg netd ™ dravourn TV
PWTOAVTLYQAQPMYV.

Xodvoc dvvatie amoydonone : Mo (1) doa uetd
OLOLVOUN TOV PWTOAVILYQAQMYV.

KAAH EHNITYXIA

TEAOX MHNYMATOX
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